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Abstract
This article was written based on the results of a study evaluating students’ errors in problem solving of
permutation and combination in terms of problem solving steps according to Polya. Twenty-five students were
asked to do four problems related to permutation and combination. The research results showed that the students
still did a mistake in understanding the problems related to permutation and combination, the students still made
a mistake in planning problem solving related to permutation and combination, and the students still had a
mistake in rechecking the problems given. Besides, there were some students who did the combination problem
by using the permutation problem.
Keywords: students’ errors, problem solving, permutation and combination
1. Introduction
In studying permutation and combination, students need real-world problems in the form of more relevant one to
stimulate learning and retaining knowledge (Busadee & Laosinchai. 2013). Garfiel and Ahlgren (1988) reveal
that the permutation and combination are the important parts of statistics introductory course in some universities.
Besides, the permutation and combination are the materials that become the basis in learning discrete
mathematics topics. It is reflected in the book on discrete mathematics written by Susanna (2004), Rosen (2004),
and Rosen (2012) that always contains the material about permutation and combination. It shows that the
materials of permutation and combination are still needed very much at the college level and the problems in the
form of the real world are also needed so that students can maintain their knowledge.
Some researchers had conducted researches related to the matter of permutation and combination, including
Abrahamson (2008) that gave problems to the students related to how many ways to arrange letters HTHT. The
students actually only counted the letter H and T. the students did not relate to the concept of permutation or
combination. Aisya et al. (2014) says that knowing the sequence of the combination of an event is an important
step to solve problems involving opportunities. Other researchers, Lockwood and Gibson (2014) gave the task to
the students to find the number of words that could be arranged from the word CATTLE. Garfiel and Ahlgren
(1988) reveal that permutation and combination were difficult matters and a prerequisite to learn the advanced
mathematics, especially those which related to the material opportunity and statistics.
The concept of permutation and combination underlie topic of combinatorial analysis, so that the concept of
permutation and combination are the important concepts in mathematics (Abrahamson & Cendak, 2006). In
addition to the field of combinatorics, permutation and combination are also useful in other fields, for example
Wraughton and Nolan (2012) discusses the game of poker as an activity of permutation and probabilities. Garfiel
and Ahlgren (1988) reveal that the permutation and combination were the important parts of the statistics
introductory course in some universities. In fact, students still make a mistake in solving the problem of
permutation and combination. Meanwhile, according to Lockwood et al. (2013) permutation problem that was
stated in the context provides additional wealth of students’ mathematical thinking, but the problem was very
difficult for students.
Students’ abilities to solve problems in the forms of words problems were still weak. Problems of permutation
and combination presented in the form of context are usually in the word problem forms. To solve the words
problems, it needs problem solving capabilities appropriate to the context (Salman, 2002). In the process of
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problem solving, critical thinking is necessary, that is after students understand the problems, and they make
plans to solve them and in such planning, bright ideas are needed in order to be able to find the solutions
effectively and accurately. The bright ideas may be obtained if critical thinking is always employed in viewing
every problem, where creative thinking is gained through thinking (In’am, 2014). Problem solving ability,
according to Polya (1973: xvi), was identified as the ability to (1) understanding the problem, (2) devising plan,
(3) carrying out the plan and (4) looking back. Therefore, this research will identify the students’ errors in
solving the problems of permutation and combination through the stages of problem solving according to Polya
as described above.
2. Methodology
This research was conducted in one class at Department of Mathematics Universitas Negeri Malang for 25
students pre-service training. Participants were voluntarily and agreed to engage in research. The student in this
research include 8 male (32%) and 17 female (68%). This research was conducted by giving 4 permutation and
combination problems in the form of words problems. The four problems consisted of two questions about the
permutation and two questions about combination. The implementation was held on February 12th, 2014.
Polya (1973, xvi) set out four steps that could be done to make students focus more on solving mathematical
problems, namely the ability to (1) understanding the problem, (2) devising plan, (3) carrying out the plan and (4)
looking back. In’am (2014) reveal that understanding the problem was an activity that should be done before
making activities of problem solving, devising plan was to make a direction to plan appropriate strategies to
solve the problem, carrying out the plan was implementing the problem solving in line with the chosen approach,
strategy and model and looking back was an effort that should be made in solving a problem to review the
obtained answers. Based on the purpose of this study, the results of student works were identified based on the
types of mistakes in problem solving of permutation and combination using the troubleshooting steps according
to Polya.
The data were collected by correcting the students works in doing permutation and combination problems. To
correct the students’ works, the researcher used rubric that identified the students’ errors in solving the problems
of permutation and combination.
Instruments validated by two lecturers who are experts in their fields. The instruments is used to identify the
students’ errors in problem solving of permutation and combination consisting of 4 about the words problems
were as follows; 1) In one organization containing four members, namely A, B, C and D, it would be elected a
chairman and vice-chairman. How many alternative arrangements of the chairman and vice chairman could be
selected? 2) There were 4 persons in a family. In the family, 3 people were chosen to have an interview. How
many ways of the family members could be selected to have an interview? 3) In a meeting, there were 4 people
who did not know each other. To get to know each other then they shook hands. How many handshakes did
happen? 4) How many words were formed from the word “SUSU”? The problems number 1 and 4 dealt with the
problems of permutation while number 2 and 3 related to the problems of combination.
3. Findings and Discussion
The percentage of students who made mistakes in problems solving of permutation and combination based
troubleshooting steps according to Polya can be identified by the following Table 1.

Table1. The percentage of students who answer the problems wrongly those are appropriate to the
troubleshooting steps according to Polya
Students’ Mistakes

Percentage (%) of Students per Item

Average (%)

1

2

3

4

Mistakes in understanding the problem

52

52

56

44

51

Mistakes in making plans

56

60

60

52

57

Mistakes in implementing the plan

56

60

6

60

60

Mistakes in noticing the problems given

64

60

64

60

62

Based on Table 1 it is obtained a description that the biggest mistake of students is a mistake in looking back at
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the given problem, this happens because when students made mistakes in understanding the problem then
automatically student made a mistake in making the decision and also made a mistake in applying and looking
back on a given problem.
The findings of this research indicated that there were students who had a difficulty in solving the problem of
permutation and combination. The findings of this research supported the opinion of Lockwood, et al. (2013)
who said that the problem of permutation and combinations that were expressed in terms of the context provided
additional wealth of mathematical thinking of students, but the problem was very difficult for students.
Difficulties experienced by students could not be separated from the fact that the topic permutation and
combination are always associated with the real context. Thus, if the students were given the problems of
permutation or combination in their real context, they were confused to solve the problems; whether the problem
was solved by permutation or combination.
The percentage of students misunderstanding in permutation problems (question no 1 and 4) was 48% and the
percentage of students’ errors in understanding the combination problems (question no 2 and 3) was 54%.
Comparison of students’ errors in understanding the problems of combination was higher than the students’
errors in understanding the problems of permutation. If related to the implementation of permutation and
combination done by the teacher, learning was usually begun by discussing the permutation then combination
problems. Because the topic of permutation and combination were close, when a student did a combination
problem, they were confused with the problem of permutation, so there were combination problems done by
using permutation for example when the student did the problem: in a meeting, there were 4 people who did not
know each other. To make them know each other then they shook hands. How many handshakes did happen?.
The students did such combination problem using the concept of permutation as follows.

Translate in English
n=4
=

!
!

=

. . !
!

12

So, there are 12 handshakes that happen.
It showed that the concept of permutation give affect the concept of combination. According to Makovski and
Jiang (2008) was called proactive interference. Meanwhile, according to R. Stemberg and K. Stemberg (2012)
proactive interference was old information disturbing recalling of the new information.
On the whole, there were 57% students who were still wrong in making plans on permutation and combination
problems. One example of a student who did an error in making plan of problem solving No. 3 was “In a
meeting, there are 4 people who do not know each other. To make them know each other then they shake hands.
How many handshakes can happen”. This is the result of the students’ work of in solving the problem.
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Translate in English
to choose 3 people in a group
=
=

!
!

!
!

=

!

= 24 ways.

Based on the student’s work, it showed that the student had understood that the existing problem was that which
.
related to combination. It was reflected in the formula that would be used to solve the problems namely
However, when planning the problem solving, the student made a mistake in determining the combination
formula. He used permutation formula. It showed that the student, in thinking the problem solving, only used one
system that was not supported by the system two of the dual process theory. The finding of this research
supported the research conducted by Kahneman (2002) which gave the characteristics of information processing
model called the dual-process consisting of system 1 (S1) and system 2 (S2).
Students’ error in implementing the plan of permutation and combination problem solving was still relatively
high because there were 60% students who still made a mistake in implementing the problem solving plan. One
example of students’ error in solving problem No. 3, namely “In a meeting, there are 4 people who do not know
each other. So that they know each other then they shake hands. How many handshakes do happen?”. This is the
result of the students’ work in solving the problem.

Translate in English
.2=

!
! !

.2 (because the handshake is done by 2 people)

= 6. 2
= 12 ways.
Based on the result of the work, it seemed that the student had already understood the problem and was able to
plan problems well. However, when he did the problem solving, he was distracted by a real context that there
were two men shaking hands, so it was multiplied by two. It showed that if the student did not master the topic
well and the problem was stated in the form of context, so the student found the difficulty. The finding of this
research supported the opinion of Lockwood et al. (2013) who said that the problem of permutation and
combination stated in the form of context provided additional wealth of mathematical thinking of students, but
the problem was very difficult for students.
Students’ error in looking back problems given was in the highest rank of the troubleshooting steps according to
Polya, namely 62%. This difficulty, according to Lee et al. (2007) was because the students tended to do the
problems in the form of symbols and formulas so when they were given the problems in the form of context,
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they tended to do in the form of symbols or formulas, and never returned the problem in the form of context.
Here’s one example of the work of students in doing problem no 4 “How many” words “are formed from the
word ‘susu’?”

Translate in English
SUSU
The number of words formed from the word SUSU is

!
! !

= 6 ways.

Based on the result of the student’s work, it could be seen that the student had understood the problem, had been
able to devise a plan, and had been able to implement the problem solving, but the students did not look back the
problem given. The given problem was to look for the number of words, but the answer of the student still used
the formula. It showed that the student still tended not to recheck the problem already solved.
Based on all things mentioned above, it could be seen that the Students’ errors in solving the problems of
permutation and combination in terms of troubleshooting steps according to Polya was due to the lack of
students ‘ability in understanding the context problems related to permutation and combination. Students tended
to be ambiguous on these two topics. The problem of combination was considered as the problem of permutation
or vice versa. Therefore, a lecturer, in implementing the permutation and combination should always combine
these two topics, do not convey the material separately because the two topics were close, and teachers may
always integrate teaching of the permutation and combination in real context.
4. Conclusions
The ability of students to understand the problems of permutation and combination is low. It is characterized by
more than half of students made mistakes in understanding the problems of permutation and combination. The
ability of students in making a plan of the problems solving of permutation and combination is low. In addition,
although the students had understood the problem, but they found a difficulty in determining what the formula
should be used in planning the problem solving. The ability of students in implementing the problem solving
plan is low. Although the students had already understood the problem and were able to arrange the problem
solving, but the students found a difficulty when implementing the problem solving related to the real contexts.
The ability of students to look back the problems given is low. Students also had a difficulty when they were
given the problems in the form of a real context related to permutation and combination. The tendency of
students always was solving the problems in the form of symbols and it was considered having been solved the
problems.
There were problems related to permutation that were solved by the students using combination. It showed that
the students’ understanding in the material of permutation give affect the students’ understanding in the
combination material. The distraction was happen because the topics of permutation and combination were close,
so the permutation and combination problems that were presented in the form of a real context made the students
confused to solve them.
Because the topics of permutation and combination are close, a lecturer, when teaching these topics should
implement them in integrated way, not separated. It is done to provide the stabilization of the permutation and
combination concepts as a whole and in integrated way, so the students can distinguish the concept of
permutation and combination simultaneously.
References
Abrahamson, D., & Cendak, R. M. (2006). The Odds of Understanding the Law of Large Numbers: A design for
grounding intuitive probability in combinatorial analysis. In J. Novotna, H. Moraová, M. Krátká, & N.
Stehlíková (Eds.), Proceedings of the Thirtieth Conference of the International Group for the Psychology of
Mathematics Education (Vol. 2, pp. 1-8). Charles University, Prague: PME.
Abrahamson, D. (2008). Fostering the Emergence of an Embodied Cognitive Artifact: The Case of the Number
15

www.ccsenet.org/ies

International Education Studies

Vol. 9, No. 2; 2016

Line in a Design for Probability. In D. Abrahamson (Chair), D. Earnest (Organizer), and H. Bass
(discussants), AERA 2008 Symposium: The Many Values of the Number Line.
Aisha, M. N., Sumintono, B., & Ismail, Z. (2014). Understanding Students In Highlights Opportunities: A Case
Study in Secondary School in Johor Bahru, Malaysia. Journal of Mathematics and Natural Sciences UPI,
19(1), 19-28
Busadeea, N., & Laosinchai, P. (2013). Authentic Problems in High School Probability Lesson: Putting Research
into
Practice.
Procedia-Social
and
Behavioral
Sciences,
93,
2043-2047.
http://dx.doi.org/10.1016/j.sbspro.2013.10.162.
Garfiel, J., & Ahlgren, A. (1988). Difficulties in Learning Basic Concspts in Probability and Statistics:
Implication for Research. Journal for Research in Mathematics Education, 19(1), 44-83.
http://dx.doi.org/10.2307/749110
In’am, A. (2014). The Implementation of the Polya Method in Solving Euclidean Geometry Problems.
International Education Studies, 7(7), 149-158. http://dx.doi.org/10.5539/ies.v7n7p149
Kahneman, D. (2002). Maps of Bounded Rationality: A Perspective on Intuitive Judgment and Choices.
Retrieved March 15, 2015, from http://www.nobelprize.org/nobel_prizes/economic sciences/Laureates/2002
/kahnemann-lecture.pdf
Lee, K., Lim, Z. Y., Yeong, S. H. M., Fong, S, Venkatraman, V., & Chee, M. W. L. (2007). Strategic Differences
in Algebraic Problem Solving: Neuroanatomical Correlates. Brain Research, 1155, 163-171.
http://dx.doi.org/10.1016/j.brainres.2007.04.040
Lockwood, E., & Gibson, B. (2014). The value of systematic listing in Correctly solving counting problems. To
Appear in T. Fukawa-Connelly, G. Karakok, K. Keene, and M. Zandieh.
Lockwood, E., Swinyard, C., & Caughman, J. S. (2013). Reinventing Permutation and Combination. Journal of
Mathematical Behavior, 32, 251-265. http://dx.doi.org/10.1016/j.jmathb.2013.02.008
Makovski, T., & Jiang, Y. V. (2008). Proactive Interference from Items Previously Stored in Visual Working
Memory. Memory & Cognition, 2008, 36(1), 43-52. http://dx.doi.org/10.3758/mc.36.1.43
Polya, G. (1973). How To Solve It. New Jersey: Princeton University Press.
Rosen, K. H. (2004). Handbook of Discrete and Computational Geometry (2nd ed.). New York: Chapman and
Hall/CRC.
Rosen, K. H. (2012). Discrete Mathematics and Its Applications (7th ed.). New York: McGraw-Hill Companies.
Salman, M. F. (2002). Types of Errors Committed in Word Problem Solving by Concrete and Formal Operational
Junior scondary-School Student Mathematics Students. Retrieved April 5, 2015, from
http://www.unilorin.edu.ng/journals/education/ije/dec2002
Stemberg, R. J., & Stemberg, K. (2012). Cognitive Psychology (6th ed.). USA: Wadsworth, Cengage Learning.
Susanna, S. E. (2004). Discrete Mathematics with Applications (3rd ed.). United State: Thomson Learning Inc.
Wraughton, J., & Nolan, J. (2012). Pinochle Poker: An Activity for Counting and Probability. Journal of
Statistics Education, 20(2).
Copyrights
Copyright for this article is retained by the author(s), with first publication rights granted to the journal.
This is an open-access article distributed under the terms and conditions of the Creative Commons Attribution
license (http://creativecommons.org/licenses/by/3.0/).

16

