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New York Institute of Technology
Articulated Multimedia FPhysics

LESSON 4
STUDY GUIDE SLIP SHEET

STUDY GUIDE TEXT: Page 54, middle of page. Right after "It
always works" add the following: "See slip sheet for a sup-
pPlementary notebook entry on vector subtraction." When you
have done this, copy the following into your notebook, en-
titling it "Supplementary Note'", exactly as shown

Supplementary Note
A, §Bpnose you are given two vectors,

A and B ag in Figure and you A x\\\ Q§>
' B

are told to subtract fron ﬁ:
that 1y, solve for X -~ E,

Be To use the short-cut methgg of
vector subtraction, join A to
B tail-to-tail without revers-
any directions at 211, See

Pigure B, Both vectors are to (:) A
e\

be drawn to scale, of course,

Ce Complete the triangle by drawing
the resultant vector fron the
head of B to the head of X, place
the new arrowhead on thig dif- ..
ference vector where it joins A,
In other words, the direction of
the difference vector is toward
the vector which is the first
term in the subtraction utate-
ment: A - B = Ca The first
term in this statement is the
vector X, of course, See
Diagram C,

STUDY GUIDE DIAGRAMS: Page 103, Figure 12. This diagran is
drawn to half-gcale and may be confusing., Therefore,
write alongside this dlagram, "Refer to full-scale dia-
gram on the glip sheet for this Les=zon." The full=-gcale
dlagran will be easier for you to interpret and is given
for your convenience on the next page of this uTipsheet.

(next page, pPlease)



Physics has made vast contributions to man's understanding and
control of bodies in motion. Our ability to navigate on land, at sea, and
in the air is based upon an understanding of motion and of how to describe’
it scientifically. From the launching of our first artificial satellite to
our fipal conquest of interplanetary space, our endeavors have been and will
continue to be governed by considerations in which the motion of objects
plays the leading role.

One of the most important aspects of motion is the subject of this
lesson. To illustrate the need for this study, suppose you take a hypothet-
ical ride in a car along a well laid

@05&)[&60 out route such as that shown in Figure 1.
.1SL MiLES Between the cities of Syracuse
and Oswego, N. Y., vou will drive a
FULTON - distance of 31 miles on a road which is
' \\ nearly straight. As you drive from
. Syracuse to Oswego, yocu will’pass
19 rMies through the town of Fulton, which is 19
miles from Syracuse and 12 miles from
5YRACUSE Oswego.
Figure 1

Please go on to page 2.
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Imagine that you have just completed the trip from Syracuse to
Oswego. Suppese that somecne then askied you, "What was the length of your
trip?'" You could answer without hesitztion that the lenpth of the trip was
3% miles. If you should then be asked, "How far are you from your startiig
point?" you could again immediately answer 31 miles. Thus, in this very
simple kind c¢f motion, the length of ithe trip and the distance from your
starcing point are exacctly the same.

. Next assume that you finish vour business in Oswego and start back
toward Syracuse, stopping &t Fulton tc make & purchase. 1In yfaponse to
the storekeeper's query, "What was the length of the trip you made today?"
you would do a bit of mental arithmetic (3} miles plus 12 mileg) and
sngwer that 43 miles was the length of your trip. (Refer to Figure 2.)

Can you see what's coming nex:t? 1If he now asked, Ylow far are you
from ycur starting point?" you would answer 19 miles.

OSWEROE gw“s
‘ZQ\\ LA
\ IS
.-

\ \
\ o
e FULTON

SYONLUSE
Figure 2

Please go on to page 3.
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You geuld have cbtained ‘this
figure either by khowing the distance
between Syracuse aiid Filtont or by

subtrasting 12 miles from 31 miles.

The point is that you can np longer give
the same answer to the two questions:

"What pas the length of your trip?"
and 'How far are you from your starting
point?" '



To make our discussion a bit easier, we are going to call the
distance from the starting point by the name of displacement. We shall
continue to call the length of a trip ''trip length" or just "Length."

In the Syracuse-Oswego example, there is certainly no mystery as to why
displacement and length are the same in one case and different in the other.
As long as you continue to move in the same direction in a straight line,
displacement and length are equal; the moment your direction changes,
displacement and length become different.

So, you can see that we are dealing with two very -different
quantities when we speak of length of trip and displacement. If you were to
travel around a perfectly square park
5 miles on each side, starting from point
A in Figure 3, the trip length would
obviously be 20 miles, but your displace-
ment at the end of the trip would be
zero. Note that the calculation of the
perimeter of the park, or the trip
length, is done without any attention
SHILES A to direction of motion at all. But

the determination of displacement must
take direction into account.

Figure 3

Pieaée,gé on to page 4.
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In some physical measurements, direction is never important. Such
quantities are called scalar quantities. Trip length,.temperature, and mass
are all scalar iquantities. In many cases, however, knowing the direction
raken by the méasured quantity is absolutely essential in order to describe
the quantity fullly. Such quantities are called vector quantities. Clearly,
displacement must be a vector quantity. Other vector quantities are velocity,
force, and momehtum.

In thisﬁ%esson yvou will learn how to think about vectors, how to
write them, and ‘how to manipulate them.

.

NOTEBOOK ENTRY

Lesson 4

L, (a) A scalar quantity is a quantity that may be fully described by
stating its magnitude (size or "bigness"). '
(b) A vector quantity may be fully described only if both its
magnitude and direction are stated.
(¢) Examples: scalars: length, mass, temperature
vectors: displacement, force, velocity

" Before continuing, please turn to page 141 in the blue appendix.
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A perfectly rectangular plot of land (Figure 4) measures 30.0 m in
length and 15.0 m in width. Suppose you start from point A and walk around
the perimeter of the plot in the direction indicated by the arrows. After
having walked from A toc B to C and then to D, the length of your trip would
have been 60.0 m.

Figure 4

Which of the following best describes your displacement? , .
(1) |

A 60.0 m to the north, to ghe east, and then to the south.

B 3Q.0’m to the north, to the east, and then to the south.

C 30.0 m to the east.
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¥OUR ANIWER —-- A

Figure 2/

We have brought the original vectors closer to each other in Figure
! This should make it clear to you that point (3} is not north of point
'2}. Check the compass directions. In what direction is point (3) rélative
o point (2317 We agree that point (3) is north of point (1) but this was
wit thie quesvion..

Wj

iease rerurn to page 126 and select another answery.



YOUR ANSWER —--- A

This answer is not right., We haven't used the scale improperly.
As you see, .the scale is: 1 cm = 1 mi. The northerly trip as shown by A
is 5 mi and the vector is 5 cm long. The trip off at some angle to the
northwest is 3 mi in length and we have shown this vector as 3 em in length.
Since we have not yet discussed the magnitude of the line segment from
(2) to (3), we haven't violated any scale rules at all.

@

SCALE

Tems= Lmice

Figure 29"

Please return to page 57 and select another answer.



' YOUR ANSWER ——- A

Figure 30

The diagram in Figure 30 is not
right. B has been shifted, but its
direction has not been reversed.

In the original problem diagram,

.Y
B was directed towa:g,the northwest .

In Figure 30, where B is supposed to
be reversed im direction, this vector
is still pointing in a general north-
westerly direction.

Please return to page 127 and
select another answer.



YOUR ANSWER --- B

This answer is false. In vector addition, the line segments may
be shifted parallel to themselves to make the required htad-to-tail connection,
but they may never be reversed in direction. Such reversal signifies
subtraction, not addition.

Now refer to dizgram (1} and (3). Note that when B was moved from
its initial pogition in diagram (1) to its new position in diagram (3),
it was reversed in direction, hence the operation cannot be addition.

Thus, if vector C is not the sum of A and ﬁi what is it?

v

Gy

2

(1) . . 3)

Figure 38

Please turn to page 67 to check your answer.



YOUR ANSWER -—- A

There's just one thing wrong with this answer. You recognized that
the trip length is a scalar quantity, hence no direction can be specified.
You also recognized that the displacement is a vector quantity and that
direction must be given. However, you have the direction wrong. Look
again at the diagram. Displacement is measured along the straight line AC.
Since the ant wound up at position C,
he is not to the east of his starting
point, is he?

Always specify direction for a
vector quantity from the point of view
of an observer at the starting point.
If you were the observer at point A, in
which direction would you be looking to
spot the ant at his final position?
This 1s the direction of the displace~
ment vector. '

Figure 5

Please return to page 44 and select another answer.
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YOUR ANSWER ---~ B

b
Figure 33 : Figure 34
There is no such theorem! Referring to Figure 34, you see two

ﬁolygons, neither of which have equal or parallel gides. Only in a paral-
lelogram are opposite sides equal and parallel. .

Please return to page 122 and select another answer.



YOUR ANSWER =-- C

D
AC Finisi

Figure‘IZ_

You probably failed to grasp the meaning of total displacement. On
any series of trips, in any directions, the total displacement at the end may
be determined by measuring the distance between the starting point and
finishing point along a straight line connecting the two. In our example,
the boy made two trips. The first was from A to B and the second was from
B to C. He finishes at point C, so we draw a straight line (AC) from his
starting position to point C. This line, AC, 1s his total displacement.

We next measure off line AC in centimeters and find it 10 cm long.
Our scale informs us that each centimeter is worth 15 meters, so we may
write the scale as 15 m/em. To find the magnitude of the displacement, we
merely multiply the scale value by the total length of the vector AC in
centimeters., Thus: '

15 m/em x 10 cm

Please return to page 103 and select an answer.



- YOUR ANSWER --- B

You are correct. The trip length is & scalar, so no direction is
expressed or implied. The displacement i1s a vector quantity and to be
fully described, must include a statement of direction. The direction of
the displacement vector is that of a straight line joining the starting
position and the finishing position, in the direction of the finishing
position.

There is a simple conventional way of representing vector magnitude
and direction in physics. Vectors are cepresented by straight-line

AX138 segments with arrowheads to show
direction. The length of the line
. CNE segment indicates the magnitude of the
] : ’)ﬂ vector quantity, while the direction
% of the arrow shows the direction of the

vector, (See Figure 6.)

46° ’ For the moment, let us concern
469 ourselves only with direction. 1In the
example shown in the drawing the vector
is shown as a straight line segiient.
Figure 6 Remember that in algebra angle measure~
ments always start in the first quadrant
along the X-axis. The direction of this vector might therefore be specified
in one of two ways: :
(1) 1Its direction might be stated as being exactly to the northeast.
(2) 1Its direction might be stated as being:

AXIS

(3)
A approximately northeast.
B 45° to a north-south axis drawn through the starting point.

C 45° to an east-west axis drawn through the starting point.

ERIC

Aruitoxt provided by Eic:



YOUR ANSWER ——- A

You are correct. 1In this 3:4:5 triangle, the sides must be in the
ratlo 24:32:40; hence the hypotenuse (or displacement) must be 40 km.

There is another special
triangle that is often encountered in
physics problems dealing with vectors.
Refer to Figure 16. The triangle in this
case is a 5:12:13 triangle. You should
check this ratio with the Pythagorean the-
V3 " orem to satisfy yourself that it is quite
' correct.

Suppose we walk 20 feet east,
then 48 feet north. Will the vectors
representing this situation form a
5:12:13 triangle? Yes, they will. If
5 you divide 20/5, you get 4; if you divide
Figure 16 48/12, you again get 4. Hence, 20:48 =

' 5:12. This means that the hypotenuse,

representing the total displacement, must be how many feet long?

(12)

A The hypotenuse of a triangle having legs'of 20 ft and 48 ft,
. respectively, must be 52 ft.

B The hypotenuse of a triangle having legs of 20 ft and 48 ft,
respectively, must be 56 ft.



YOUR ANSWER --- B

R

A fg

>y

Figure 20 Figuye 22

You are correct. In this vector shift, B has been moved parallel
to itself, downward and to the left, so that its tail is joined fo the head
- of A. In doing this, no alteration has been made in the direcf{Bn or the
magnitude of either vector. Good work.

KN
A
e . Y
3
Figure 24 » Figure 25

Now examine Figures 24 and 25. The latter is presumed‘to be the final
picture showing how the vectors in Figure 24 have been shifted to put them
in a form suitable for obtaining the vector sum. Now answer the question below.

Which one of the following statements.is true?
(15)

A Figure 25 is incorrect because the magnit&de of one of the
vectors has been changed. '

B Figure 25 is jncorrect because both vectors have been moved,
instead of just one.

C Figure 25 is a correct representation.

‘D Figure 25 is incorrect because neither vector has been moved
parallel to itself.
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YOUR ANSWER --- C

Not at 2ll. The atmosphere *turns with the Earth as it rotates on
its axis, so that the relative motion of the air on a windless day is zero
with respect to the -earth.

Think of it this way. As the Earth rotates on its axis, the ground
at the equator moves at a speed of very nearly 1,000 miles per hour with
respect to some fixed point in space, like the sun. Suppose that the
atmosphere were not dragged around with'the Earth as it spins. Then if you
were standing motionless on any point along the equator you would be
moving 1,000 miles per hour relative to the still air. You would then be
subjected to the buffeting of a 1,000 mi/hr hurricane constantly. You .
know this doesn't happen at the equator or any other spot on the Earth;
hence the atmosphere must be moving at very nearly the same speed, and
in the same direction, as the Earth.

Atmospheric rotation 1s the product of two factors, First, the
gravitational attraction of the Earth for ailr molecules pulls them downward
into contact with the surface. Second, frictional drag then pulls the
atmosphere around to follow the surface as the Earth rotates.

‘Hénce, we do not have to take into account the rotation of the
Earth in solving airplane ground-speed problems.

Please return to page 128 and select another answer.



YOUR ANSWER ~-- B

You are correct. Merely giving the path as a "diagonal" does not
specify direction. Since velocity is a vector quantity the statement does
not describe velocity. Rather, it gives the boy's speed, or the magnitude
of his velocity.

Before continuing, please turn to page 144 in the blue appendix.

We'll pause a moment for a brief notebook entyy and a notebook check.

NOTEBOOK ENTRY

4. Velocity and Speed

(a) Velocity is defined as the rate of change of displacement, or
displacement per unit time. Since displacement is a vector
quantity, then velocity is also z vector quantity. Thus, both
direction and magnitude must be stated in describing the velocity
of any moving object. ‘

(b) Speed is the term used to describe how fast something is moving
© relative to some reference point., No direction is implied when
speed 1s stated. Speed is the magnitude of a given velocity.
For example, if we say that a man walks 8 ft per sec due
northwest, we are giving his velocity. His speed is, therefore,
8 ft per sec.

NOTEBGOK CHECK

- Which item in Notebook Entry 3 tells you to rewrite X - ¥ as
A + (~B) in wector subtraction?

(24)
A Item 3(d).
B Item 3(c).

C Item 3(b).

D Item 3(a).




YOUR ANSWER —~— ¥

You are correct. This is the best choice of the scales listed. It
is not the only scale you might use, but it wili give you a nice large
diagram well within the confines of a standard sheet of paper.

Using this scale, set up your vector diagram to find the resultant
veloeity. Measure carefully. We shall want you to find the speed and the
resultant direction of the plane in terms of the angle it makes with the
west-tc-east vector. Measure this angle to the nesrest degree with a
reasonably good protractor. When you have finished, select from the
answers below the one that most closely approximates yours. (The speed
should be given to 3 significant figures.)

(26) _

" A 210 km/hr, 60° N of E.
B 227 km/hr, 70° N of E.
C 207 km/hr, 76° N of E."

D. My answer is different from any of these.
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YOUR ANSWER --- B

- e 7

(2 e
>
Vb

v
Yo
) | (8)

Figure 41
Why not? The vectors 3A and 35 are correctly summed up since they

are head-to-tail just as they should be joined. When you add a pair of
components correctly, you are bound to come out with their resultant.

Please return to page 92 and select the correct answer.
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YOUR ANSWER —-- R

Your choice of this answer indicates that you are confusing the
number of significant figures in the vector lengths measured in centimeters
with the actual trip lengths measured in kilometers. Although the line
tegments are measured to 2 significant figures, both of the original trip
lengths are given to 3 significant figures; hence the resultant displacement
may be written to 3 significant figures.

Please return to page 104 and select the correct answer.

Lo



21

YOUR ANSWER --- C

Not a good guess. Rule 2(b) states: The displacement resulting from
two trips in opposite directions along a straight line is the algebraic sum
of the two trip lengths. Arbitrary signs are given to each trip. (+) for one
and (~) for the other since they are in opposite directions,

' Please return to page 79 and select another answer.




YOUR ANSWER —--~ C
et ey

Z

vy

Figure 20 . ' Figure 23

It shows the proper combinztion of the vectors in*Figure 20 for the
purpose of obtaining the vector sum. hoo=

b 4

The principle which describes the correct method of '‘ghifting vectors
for the purpose of obtaining their sum states that either vector may be
moved parallel to itself until the two are joined head-to-tail.

In your diagram choice, B ha% been moved parallel to itself in
5pnformity with the first part of this principle. And, in the final position
X and ¥ are joined head-to-tail, again In accordance with the principle.
Notwithstanding this, the diagram is still wrong.

Examine the two original vectors in Figure 20 baﬂegylly._)Now do the
same for Figure 23, Note particularly the directions of A and B in both
diagrams. What did you do that was wrong? :

Please turn to page 66.
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YOUR ANSWER --- C

Incorrect. We have already stated that AC is the actual path taken
by the swimmer as a result of the combination of his own velocity through
the water and the velocity of the stream. AC is not the vector showing the
direction of the water velocity alone. '

RIVER
e
FlLow

3
k
!
)
I
|
|
|
L
A

Figure 47

Please return to page 93 and select another answer.




YOUR ANSWER --- A

You'mightﬂ§ay that this answer has lls errors: Since U is to be
subtracted from V, the U must come after the minus sign, not before it.
This is a definite error.

—

You could write it this way: V ~'€

Now the order is correct; .but this is not the best way to show a
vector subtractiocn. You should not indicate the vector operation with a
minus sign at all, as we have been emphasizing. Rather, you should reverse
the sign of the U and then specify the operation as addition.

Please return to page 135 and select another answer.



TOUR ANSWER -—-- B

You are correct. Figure 42 shows proper vector additions throughout.
Therefore, all of these pairs of original velocities (v + vp, ve + vd,
Ve t+ vf, and vg + Vvh) are possible components of the resultant vy.

(2
Yo
Ve . -
(A) v ©

Filgure 42

The pairs of veloclitles in the examples of Figure 42 were chosen
more or less at random. The only basis for selection was that each pair
of velocities, when joined head-to-tail correctly, would call for the same

velocity, vy, to close the triangle.

Judging from what you have just learned, which of the following
statements would you consider the only true one?

(29)

A Any vector may be shown to be the resultant of
pailr of components,

only one distinct
B Any vector may be shown to be the resultant of four, and only
four, pairs of components.

C Any vector may be shown to be the resultant of an infinite number
of possible pailrs of components.




YOUR ANSWER --- A

You are correct. Since v, is
perpendicular to vg¢, and since v
horizontal, then vg must be vert%cal.
Thus, ve and vg are the only two possible
components that meet the conditions of
the problem. Note that, in constructing
the correct diagram, v, was drawn
horizontally and made just long enough
to allow vg¢ to be erected as a perpendic-
ular to it so that the head of vg could then
Figure 45 . Join the head of vy .

We will now 1nvestigate a practical situation involving the techaique
of resolution of vectors. A smooth ski slope makes an angle of 30.0° with
. level ground and is 5.00 km long. A skier is towed from the bottom to
the top along the slope.
(a) How far did he travel horizontally?
(b) How high is the top of the slope above ground level?

The diagxam comes first, of course; see Figure 46. The actual

trip up the slope is symbolized by

s, drawn at an angle of 30. 0° to the
ground. Using the scale 1 em = 0.5 km,
what should be the length of vector s?

Please turn to page 129 for the
Figure 46 right answer. -
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YOUR ANSWER ~=~= C

You are correct. You are definitely learning how
to handle vectors. Like so many ideas and concepts in
physics, vectors appear and reappear in many phases of our
subjects You will have many opportunities to use them
when you reach the study of forces,

Before doing anything else at this time, please
turn to page 145 in the blue appendix.,

€33 = €3 3% £ 1w) 077 AT F] G TN C] 1 £ ey A T O U WS 630 (78 O ST £ ITD G e O £ ST 0 S0 671 O 13 © (1) £z M €33 e S 6 OO S s T o P 4 O ) em 6

Now that you have completed the Worksheet
on page 145, please go on to page 28.
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You have now completed the study portion of Lesson 4 and your
Study Guide Computer Card and A V Computer Card should be properly punched
in accordance with your performance in this Lesson.

You should now proceed to complete your homework reading and problem
assignment. The problem solutions must be clearly written out on 8%"
x 11" ruled, white paper, and thbus submitted with your name, date, and
identification number. Your instructor will grade your problem work in
terms of an objective preselected scale on a Problem Evaluation Computer
Card and add this result to your computer profile.

_ You are eligible for the Post Test for this Lesson only after your
homework problem solutions have been submitted. You may then request the
Post Test which is to be answered on a Post Test Computer Card.

Upon completion of the Post Test, you may prepare for the next
Lesson by requesting the appropriate:
1. study guide
2., program control matrix
3. set of computer cards for the lesson
4, audio tape

If fi1ims or other visual aids are needed for this lesson, you will
be so informed when you reach the point where they are required. Requisition
these aids as you reach them.

Good Luck!
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This page has been inserted to maintain continuity of text. It is

not intended to_convey lesson information.
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This page has been inserted to maintain continuity of text. It is
not intended to convey lesson infermation.
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This page has been inserted to maintain continuity of text. It is
not intended to. convey lesson information.
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YOUR ANSWER --- A

You are correct. Writing it this way, that is, using the suggested
sign convention, makes for good vector habits. Keep-it up.

N
START
Ap
\\ E.
+ o G
~
4 ~
A ~
-+ ~
~
N
- ScaLE ~
4 dem=1lE5m \\
»l AT
8 ¥{—F—F+—F+—+—+—+C-FrnIsH
Hqos
Figure 12

We next investigate the method of finding displacement when the two
trips take place at right angles to each other, as in Figure 12. A boy starts

walking south from point A and proceeds for a distance of 90 m to point B.
We choose a scale: . '

'90 m
15 m/cm_

We make the vector line ‘segment 6 cm long, directed toward the south.
This is vector AB. He then walks due east as shown by vector BC. According
to selected scale, how far due east did he walk?

7y

l cm =15 m. Since = 6 cm.

A He walked 8 cm due east.

B He walked 120 m due east.



YOUR ANSWER =--- A

You are correct. A headwind, or wind blowing opposite tc the plane's
fiight direction, would slow down the plane relative to the ground. A
tailwind would increase the plane's ground speed. A cross wind would tend
to make the plane drift sideward. Thus, we need to know the wind direction
before we can solve the airplane problem.

Whenever the meaning of 2 measured quantity involves direction,
we know we are speaking of a vector.

Velocity is a vector quantity. We cannot describe the velocity of an
airplane, an automobile, or a pedestrian without stating bgth magnitude
and direction, The numerical part of a velocity statement is called the
speed of the object. From now on, when we mean to speak of the vector
we shall use the word ''velocity." The '"speed" of an object tells how
fast the object travels relative to some reference point, but it does not
give the direction, hence speed is a scalar quantity.

To illustrate, if we say that our airplane is flying 200 km/hr due
north, we are stating its velocity. But if we say that it is moving 200
km/hr relative to the ground, we are stating its speed.

All right. A boy runs diagonally across the junction of 5th Ave.
and 34th St. at 20 ft per sec. '

(23)
A This statement gives the boy's velocity.

B This statement gives the boy's speed.



YOUR ANSWER -=- A
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( You could not have obtained this
answer if your construction were correct
and your measurement accurate.

Look over the correct diagram

Piane's at the left. Compare particulariy
ENGINES the lengths and directions of the line
CAuse segments you drew as AB and BC with ours.
TS If you did these incorrectly, repeat
VEchfTJ(‘ the diagram. You will see that your

: resultant vector line segment, AC, will
200w be the same length as ours.

When your diagram is a close
duplicate of Figure 39, measure the angle
indicated very precisely to the nearest
degree. Note that you might also
N measure angle BCA since this is equal
% tc the exterior angle CAD.

Please return to page 18 and
select anocther answer. :

g -
\

ANGLE GiyiNo-
DIECTION oOF RESULTANT
AlLSo EGUALS Y% BC A

i R




YOUR ANSWER ~—- C -

You are correct. -From our
definitions, the resultant of a pair
,;? of cemponents is the vector sum of
those components. We're just working
backwardg, in this example. The re-
sultant vy could definitely hawe been
btained Sfrom tg; components v, and
vy, since v, and vy have been added by
correct vector procedure.

(4}

Figure 41

Now, the next question is:

"Are 3; and vb the only possible pair ¢f components that could, when added,
produce a resultant V7"

Study Figure 42. All gghthé §§ vectors in this diagram are identical.

.
Vh

(D)

Figure 42

We ggve seen that 3’ and 3; were correctly added to yield the
resultant vp. (Figure 4ZA.) Now examne B, C, and D gpove with a view
to determining whether or not we could pzoperly call 1 v, and Vd another

palr of_gossible components, and similarly, ve and vf, and similarly
Eé and Vh.

The question is, will these pairs (Vc + vd), (ve + Vf), and (vg + vh)
serve equally well as possible components of the same Vr



YOUR ANSWER --- C

2 —
7 3
% A A —

(1) - (2) (3) (4)

Figure 45

Incorrect. Look at (1) carefully. You Will notg'that vy, 1s vertical
but that v, is not horizontal. This makes both Va and v}, incorrect

comgonents .

You might think that ¥, is the correct vertical component merely
because it is a vertical line segment. This 1is not true because, when
¥V, 1s dropped to the horizontal position where it shonzld be according
to the terms of the problem, then Vb increases in magnikude.

Thus, (1) does not represent Vr resolved into its vertical and
-horizontal components.

Please return to page 117 and select another answer.



YOUR ANSWER —-~ B

This answer is not wrong, yvet we are unhappy that you didn't apply
the rules. Sure, if you walk 1l ft one way and then 4 ft in the opposite
direstion, your displacement would be 7 ft. The trouble is that describing
displacement as 11 ft - 4 ft may lead to sloppy habits. 1It's better to make
a habit of fellowing rules, so you'll know them when you need them.

When calculating the displacement resulting from two or more motions
along a straight line, always assign a (+) sign to one direction and a
{-) sign to the other direction. It doesn't matter which one you chodose
for the (+) and which for the (-). Now, if both trips are in the same
-direction, both would be assigned (+) signs and the displacement would be
the numerical sum of the two. 1f they are in opposite directions, the
algebraic sum would then give the numerical difference between the two
if the correct sign convention is used. So, although your answer is not too
bad, it is not the best way to do it.

Please return to page 47 and select the correct answer.



YOUR ANSWER —-- A
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You're looking at the wrong vector. His total displacement 1is mea-

sured from A to C along the line segment AC. Count the number of centi-
meters in this iine segment. What do you get? Now multiply this figure
by the scale value (15 m/cm) to obtain the total displacement of the boy

after the trip is complete.

Please return to page 103 and select another answery,



YOU® ANSWER —-—- C

wy

) The diagram in Figure 32 is not
right. has been shifted, but its
1. direction has noc been reversed.

>y

N In the original problem diagram,
B was directed toward the northwest.

In Figure 32, where B is supposed to
be reversed in direction, this vector
is still pointing in a general north-
Figure 32 westerly direction.

Please return to page 127 and select another answer.
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YOUR ANSWER -—- A

You are not using the definition of displacement properly. A dis-
placement is a vector quantity that shows how far and in what direction
something has moved from its original position; that is, it indicates the
present location of the object with respect to its starting position, its
new ''place.”" The distance is measured along a straight line from the
starting position to the finishing position.

The answer you chose gives the length of the trip, not the displace-
ment and also describes the direction moved on each leg of the trip. There
is nothing wrong with such a description, but it is not the same as the
displacement, ' :

Please return to page 5 and select another answer.
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CORRECT ANSWER: 1If diagram (2) were supposed to show a vector addition,
the vectors would be connected head--to-tail, not tail-to-tail. The
tail-to-tail connection, as you have seen, may be used as a short-cut in
vector subtraction, but it is never used in addition.

=y

2

N\

(2)

Figure 38

So, please return to page 56.
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CORRECT ANSWER: The 2-cm vector line segment represents 6 km of displacement.

Going a step farther, you can see that a vector line segment 3 cm
long according to this scale must represent 9 km since each centimeter
stands for 3 km. That is, the scale says, '"There are 3 km for each cm

of line length." We can write this in our familiar unit notation this way:
Scale: 3 km/cm or 3 km per cm

Using the figures above, we can then write, for a line segment of 3
cm length:

3 km/cm x 3 cm = 9 km
The same process gives us the answer to this question: "How many
kilometers does a vector line segment 4 cm long represent according to the

scale 1 cm = 3 km?" Thus:

3 kmfem X 4 ecm = 12 km

On the same basis, a vector line segment of 20 cm would then
represent a displacement of how many kilometers? The scale is still
l em = 3 km.

Please turn to page 73 to check your answer.
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YOUR ANSWER —-—— D

This answer is incorrect. Refer to diagrams (1) and (4) reproduced
here. 1In this manipulation of the vectors, B has been shifted parallel to
itself without changing its direction so that its tail joins the head of A.
You should remember that this is exactly the procedure we use when two
vectors are to be added to each other.

— : ' )
So, if vector C in diagram (4) does not represent the difference
between A and B, just what does it represent?

>y
Wy

(N - (4)

Figure 38

Please turn.to page 91 to check your answer.
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YOUR ANSWER --- C

You are correct. Displacement is a vector quantity showing how far
and in what direction something has moved from its original position. The
distance corresponding to the magnitude of the displacement is measured
along a straight line from the starting position to the finishing position.

>
©
3

START FINSH |y

Figure 4 Figure 5

Thus, distance AD is the magnitude of the displacement and '"to the
east" describes the direction of the displacement.

Refer to Figure 5, showing an equilateral triangle. An ant, starting
from point A, crawls along the straight line to B, and thence to C. Which
one of the following statements describes this motion?

(2)

A The ant's trip length was 150 cm and his displacement was 75.0
cm east.

B The ant's trip length was 150 cm and his displacement was 75.0
cm west,

C The ant's trip length was 150 cm and his displacement was 75.0
cm.
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_ YOUR ANSWER -—- A

No, it doesn't. To be velocity, a statement of displacement per
unit time, or rate of displacement, must clearly indicate the direction of
motion. To one who is not familiar with the Junction of 5th Ave. and 34th
St., the specification "diagonally" means absolutely nothing. Furthermore
such a junction must have at least 2 alternative diagonal paths. Thus,
the statement does not clearly delineate the direction of the boy's path
and, therefore, it does not give the boy's velocity.

14

Please return to page 33 and select another answer.
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YOUR ANSWER ~-- A
£ a 3
N - -
4 _[_ You are correct. The direction of the
w T 4 A1 displacement is toward the south. The
4 vector is 7 cm long and, with each
T centimeter representing 5 km, the total
<- 1 - magnitude is: 5 km/cm x 7 em = 35 km.
- - -+ Thus both requirements are met.
e _{_ .
—ggfiéﬁi— 4 A A few simple rules for working
Lem= 5km with vectors can now be derived from
Figure 1l the foregoing examples.

NOTEBOCK ENTRY

2. Rules for Working with Vectors

(a)

(b)

(c)

(d)

The displacement resulting from two trips in the same direction
along a straight line is the algebraic sum of the two trip

lengths. Arbitrary signs are given to each trip. (+) in both

cases since they are in the same direction.

The displacement resulting from two trips in opposite directions
along a straight line is the algebraic sum of the two trip
lengths. Arbitrary signs are given to Sach t trip. (+) for ome
and (-) for the other since they are in opposite directions.

The direction of a vector may be specified by stating:
(1) compass direction
(2) angle, measured from the X-axis in the 1lst quadrant
in a counterclockwise direction.

The magnitude of a vector may be specified by means of a scale
in which 1 cm = some convenient part of the total magnitude.
The scale should be chosen so that the finished vector drawing
is as large as possible without running off the written page.

Please go on to page 47.
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If you were to place your back against the front wall of your room
and walk 11 ft toward the rear of the room, then turn around and walk
4 ft toward the front of the room again, your displacement would be best
shown by which one of the following?

(6)
A (+11 ft) + (-4 f1r)

B 11l ft - 4 ft




YOUR ANSWER --- B

This was a guess. Rule 2(c) reads: The direction of a vector may
be specified by stating:
(1) compass direction.
(2) angle, measured from the X-axis in the lst quadrant, in a
counterclockwise direction.

Please return to page 79 and select another answer.




TOUR ANSWER —--—— A

This is not a good choice.

The scale governs the size ~f the vector diagram. In this case the
northerly veloeity is 200 km/hr; hence you would need a line segment 100
¢m long to represent the airplane's velocity., Since 100 cm = 1 meter and
a2 meter is over a yard long, you have chosen g quite unsuitable scale to
se¢lve the problem on paper. If you were working on a blackboard, it might
be very good.

Please return to page 89 and choose a scale that will give you a
large diagram, but not so large as.to require special paper.
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YOUR ANSWER --- B

You have forgotten how to deal
with 3:4:5 triangles. Well, let's
run through the features of this tri-
4 cm angle with the help of Figure 15. If
a triangie has legs of 3 cm and 4 c¢m,
respectively, then, using the Pythagorean
theorem, we can quickly show that the
hypotenuse must be 5 cm in length. The
3am theorem tells us that the hypotenuse
Figure 15 =49 + 16 = 5 cm.

Now imagine that we double the length of each of the legs to 6 cm
and- 8 cm, respectively. Using the Pythagorean theorem again, we find that
the hypotenuse is now 10 cm long. Originally the sides were in the ratio
3 is to 4 is to 5. 1In the larger triangle the ratio is 6 is to 8 is to 10,
-but if we divide each of these figures by 2, we come back to 3:4:5 again.

If we triple the length of the legs they become 9 cm and 12 cm, respectively.
To find the hypotenuse, you need merely do this: say toc yourself that if

9 and 12 are both divided by 3, they form the ratio 3:4. Therefore, the
hypotenuse must have a value such that, when it is also divided by 3, the
answer will be 5 (that is, to complete the 3:4:5 relationship).

Now assumé that the legs are quadrupled to 12 cm and 16 cm respec-
tively. The hypotenuse must therefore have a value such that when it is
divided by 4, the answer will be ?

Please turn to page B82.

PN



YOUR ANSWER —--- C : .

Incorrect! Item 3(b) reads: When the sign of a vector is changed
from + to -, the direction of the vector must be reversed.

Please refurn to page 17 and select another answer.




YOUR ANSWER ~-~ C

This 1ine is incorrect.

N A southerly displacement of

T 35 km is to be represented according

to the scale: 1l cm = 5 km. Now look at

T 1. The vector is, in fact, directed toward

+ the south. But if each cm stands for

5 km and you have 5 cm altogether making

up the line segment, then this represents

“a total vector magnitude of 5 km/cm x

SCALE - ;E 5 em = 25 km. But the specification was

10m =5 emn that you illustrate a displacement of 35
km to the south, not 25 km. Hencey; your

Figure 11 selection was in error.

™~

o

['A)

Please return to page 98 and select another answer.




YOUR ANSWER -=- C

Figure 33

' : =
You are correct. In shifting B

up to its new position, it was moved

parallel to itself and was not changed
in length; hence ad is equal and parallel
to cb by construction. If one pair of
opposite sides of a quadrilateral
polygon are equal and parallel then the
figure is a parallelogram. Hence, side
db is equal and parallel to side ac,
proving our point that. the short-cut
method of obtaining the difference
vector by drawing in the line segment
ac gives identical results with the
procedure of reversing sign, shifting

the vector to a head-to-tail connection, and then adding vectorially..

So--whenever you run into a vector subtraction, if the short-cut
method is available to you, you may use it confidently. It always works.

irer
— v 35T /3

Figure 35

Let's consider c¢ne more example
of vector subtracs;j.on° In Eigure 35
are two vectors, X and Y. Y is to be
subtracted from X; that is, Jou are to
determine the result of X = Y. Using
either methed outlined previously, set
up a suitable scale and determine the
magnitude of the vector difference.
(Note: if X is extended to meet Y,
the angle between the vectors would be
exactly 45°.)

Please turn to page 55 and compare your result with ours.



CORRECT ANSWER:

— V-
Figure 35
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Figure 36

Figure 37

w

_ ; V=5t
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Thus,

Ln

Figure 35 has been reproduced

at the left to display the original
vectors., X is 45 ft and Y is 25 ft.
The directions of the vectors and their
relationship to each other are shown
by the line segments and_arrows. You
were to subtract from X.

Figure 36 shows both vectors
drawn to the scale: 1 cm = 5 ft.
is 9 cm long and Y is 5 cm
long when drawn to scale. In addition,
Y has had its direction reversed to
convert it to -Y. Now to obtain
X - Y, we will perform the vector
operation X + (-Y).

In Figure 37, Y has been
shifted parallel to itself so that
its tail joins the head of X. The
line segment that completes the triangle
is then X + (*Y) or X - Y. This vector
turns out to be 6.5 cm long, which
represents a length of 32.5 ft. We
can round it off to 33 ft since the
precision of the original data was to
2 significant figures.

Please go on to the next page.



Study the sequence of diagrams in Figure 38. 1In diagram (1) are
two vector quantities A and B. Diagrams (2), (3), and (4) show various
operations with A and B. Establish firmly in your mind the relationship
of each of the diagrams to the original vectors. Then answer the questions
below.

W § \
ol |
>y
0y
™y

=
N < T
8 A
(- (2) (3) (4)
Figure 38

Of the statements below, which is the only true one?

(21)
A Diagram (2) illustrates proper addition of A and R.
- .
B Diagram (3) illustrates proper addition of A and B.

C Diagrams (2) and (3) illustrate proper subtraction of ﬁ’from K?

D Diagram (4) illustrates proper subtraction of K)from ﬁ?
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YOUR ANSWER -~~~ C

You are covrect. At this stage of your training, it is advisable
to show vector subtractions as vecter additions with one of the signs changed,
just as you did it in the answer above.

N
/Qb You should now be ready to tackle
/ the subtraction of vectors that are not
/- :gﬁi:neaz that is, vectors that do not
/ lie azlong the same straight line.
/
/ g? Referring to Figure 29, we see
'<§ﬁi that & car has again made a 5 mi ctrip
A i starting fzom point (i), going due north,
: \K\, at some given time, as shown by A
Slzﬁlz + Later, the car takes off from the same
Tem= Lmue \&\\\ starting point andAtravels at some
- ', \ ~unspecified angle in a general north=-
westerly direction for a distance of
Figure 29 3 mi. We are interested in answering

~ the question, "What is the difference
in position of point (3) in both magnitude and direction relative to point
(2)?11

Now, it is almost obvious that if you drew a vector line segment

from (2) to (3}, placing the arrow av {3), this vector would accurately show
“the magnitude and direction of the vector difference between A and B. It's
common sense. Isn't point (3) located to the southwest of (2) by a _distance
equal to the line from (2) to (3)? Of course it is: But, in getting the
vector difference this way, we have flagrantly vioclated one of the procedural
rules for working with vectors. Which rule did we violate? (See notebook
entries 2(e) and 3(c).)

(18)
A We violated“the rule that describes.how the scale should be used.

B We violated the rule that describes how vectors should be
connected for addition or subtraction.

C We violated the rule that describes how to determine the direction
of the final vector.



YOUR ANSWER —-—— A

This is incorrect.

Figure 24 Figure 25

Be careful of falling for optical illusions. If necessary, use your
ruler (scale) to check the magnitudes of the vectors. The magnitude of A
in Figure 25 is prec1sely the same as the magnitude ‘of A in Figure 24,

This is also true of B.

Thus, if Figure 25 contains an error, it does not involve a change of
magnitude., —

Please'return’tp'page 15 and select another answer.

A



This page has been inserted to maintain continuity of text. It is
not intended to convey lesson information.
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This page has been inserted to maintain continuity of text. It is
not intended to convey lesson information.




YOUR ANSWER —-- B
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You could not have obtained
this answevr if your construction were
correct and your measurement accurate.

Lépk over the correct diagram
at the left. Compare particularly the
lengths and directicons of the line
segments you drew as AB and BC with
ours. If you did these incorrectly,
rvepeat the diagram. You will see that
your resultant vector line segment,
AC, will be the same length as ours.

When your diagram is a close
duplicate of Figure 39, measure the

- angle indicated very precisely to the

nearest degree. Note that you might
also measure angle BCA since this is
equal to the exterior angle CAD.

Please return to page 18 and

-select another answer.
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YOUR ANSWER --- A

e
% Yh
’—
(4) (D)
Figure 42
You did not study the diagrams with sufficient care. Here are the
pairs: ' : -
- - ‘
Va and v
ve and yq
v, and v
Ve
vg and vh

The elements of each pair have been added by proper vector procedure
to produce a resultant v,. '

The fact that ;} is the same resultant in each case shows that
a given velocity may be a resultant of more than one pair of component
velocities.

Please return to page 35 and select the correct answer.,



YOUR ANSWER —-- A

You didn't follow the explanation., The entire line measures 8 cm
but represents 96 km drawn to scale. We want to know the displacement
. that each centimeter of the line segment
represents. This 1s comparable to the
N question:
"If 75 cents represents the
cost of 25 apples, how much does each
. w E sapple cost?" In this question, of
course, you simply divide the cost of the
group (75 cents) by the number in the
s group (25 apples) to obtain the cost of
a si¥gle apple. Thus each apple costs:

i
SQALE _'],(LM.”? km 75¢/25 or 3¢.

0]

§cm -

1 T (] T T

Y T

Similarly, in the vector problem,
. 1f the 8-cm line segment represents
Figure 8 : 96 km, then one centimeter must represent
' how many kilometers?

Please return to page 102 and select ancther answer.




YOUR ANSWER —--- A

You are correct. The ratio of the legs is 20/48 or 5/12; hence the
hypotenuse must complete the ratio 5:12:13. Since 20 is 4 x 5, and 48
is 4 x 12, then the hypotenuse must be 4 x 13 = 52 ft.

-

. The Pythagorean theorem may be used to add vectors only when the
two original displacements are at right angles or 90° to each other: The
graphical method .of scale drawings, however, works well for any angle. It
must be understood at this point that the graphical method seldom can be
relied upon to give results as precise as those obtained by the mathematical
approach. Nonetheless, the graphical solution is a good one because it has
nce angle limitations and because it yields good approximations quickly.

We'll try a problem based upon displacement at some angle other than
90° this time.

A car travels 4.0 miles due east, then changes direction and proceeds
a distance of 3.0 miles due southeast. At the end of its trip,-what.is its
displacement with respect to its starting point? Use a scale: 1l cm = 0.5 mi.
In this case, as before, your scale drawing should give a numerical answer
for the wmagnitude of the displacement and show, by the direction of the
resultant vector, what the direction of the displacement is. Draw this
diagram on a clean sheet of paper.

1
i
When you are finished, please turn to page 65 to compare your work
with ours. '
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CORRECT SOLUTION: Refer to Figure 17 below.
AT Tarr . EAS

' “.
. .
DISPLACEMEN ¢ —F \%\\WK
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Figure 17

Inspect the'correcc solution diagram. The first trip consists of
a 4.0 mi journey due east. We see that the vector line segment representing
this trip points to the right (east) and is drawn 8.0 cm long, according
to the scale: 1 ecm = 0.5 mi. In the second trip, the car moves due
southeast. This vecror line segment makes an angle of 315° with the east-
~west axis according to the convention that governs angle measurement.
The second trip segment is drawn 6 cm in length since it represents 3 mi.

When this drawing is very carefully made, we find that the total
displacement vector is 13 cm long (to 2 significant figures as required by
the precision of the data). Therefore, the total displacement of the car.
may be found using this figure and the scale.

What is the total displacement magnitude to 2 significant figures?
(13}
A The total displacement magnitude of the car is 5.0 mi.

B The total displacement magnitude of the car is 6.5 mi.

1
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’

CORRECT ANSWER: You inverted A, thereby changing the direction of the
original vector.

The diagrams of the original vectors constitute data. Data may never
be changed for any reason whatever. If the original vector is directed
toward the north, as'% is in this illustration, then the final diagram must
alsc show it directed toward the north.

Now go back to the original set of diagrams and look for these 3
qualities in the correct one: (1) one of the vectors has been moved
parallel to itself; (2) vector directions or magnitudes have not been
altered; {3) the resulting diagram shows vectors joined head-to-tail.

Please return to page 120 and select another answer.
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: —A\ —
CORRECT ANSWER: Veccor_g is the difggregge hetween X-and B and is the
answer to the operation A + (-B) or A - B.

This is the proper way to obtain a vector difference. The subtra-
hend (in this case ﬁalis changed in sign, which means that its direction is
reversed. It is then shifted parallel to itself to achieve a head-to-tail
connection with the unaltered vector. The line segment that completes the
newly constructed triangle i1s the difference. Isn't that exactly the process
used in obtaining diagram (3) from diagram (1)? It certainly is.

—>
B

e e \1 ¢
.,//y

>

1. | @

Figure 38

Please return tc page 56 and selecr another answer.

\
| \
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YOUR ANSWER --- B

Right. The resulting vector, AC, represents his total displacement.
It measures 10 cm, hence 15 m/em x 10 c¢m = 150 m. This method of finding
resulting displacement is known as the graphical method because it involves
setting up a scale drawing from which the solution is found by measurement.
The direction of the resulting vector AC is the direction of the total
displacement. Unless you are asked specifically to find the angle of this
displacement, the picture itself is enough to show the directlon of the
resulting vector.

@ ~
ff\é°v§ —t+— 4:§%; Einisy

Figuzre 12

Théig%aphical solution shows that a trip directly from A to C gives
the same result as the two trips, AB and BC, separately. To show this we
can write:

trip AB + trip BC = trip AC .

The (+) sign in this case, however, doesn't have the same meaning

as in ordinary arithmetic or algebra. That isg, trip AB = 90 m and trip

BC = 120 m, but certainly 90 m + 120 m does not yield 150 m by algebraic
addition. So, we call this vector addition.

Please go on to page 69.
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To show.that a quantity is a vector without constantly writing the
word 'vector," we use a universal convention. That is, instead of writing
"vector AB + vector BC = vector AC,'" we substitute this:

AR + BC = AC

Thus, any line segment carrying an arrow above its designation
is a vector quantity. We will use full arrowheads as shown above, although
some authors use half-arrowheads like this — to represent the same thing.

" Here is your néxt job. Prepare a sheet of clean paper on which you
will solve the following problem:

A car travels due east a distance of 45.0 km, then due north a
distance of 105 km. Using this scale, 1 e¢m = 15 km, construct the vector
diagram which will enable you to determine the resulting displacement of the
car at the end of both trips. Use a compass of protractor to insure the
proper 90° relationship between the trips. Your pencil should be very
sharp, your measurements very precise, and the lines relatively light. A
good vector diagram has fine lines, not broad, sloppy ones. You may
measure to the nearest millimeter, which will give you measurements to 2
significant figures.

0.K., draw your picture; then turn to page 104 to see what our
drawing looks like.



YOUR ANSWER --- B

Z

Eme
>
B =3mL
Figure 27

You're using the wrong reference point. We asked for the difference
in position of point (3) relative to point (2). You have given us the
difference in position of point (3) relative to point (1). Sure, point
f3) is 3 mi north of point (1), but how many miles and in what direction is
point (3) relative tn point (2)? Which direction is point (3) from point
(2)? . : ,

Please return to page 126; choose the right answer by noting the
reference point requested.
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YOUR ANSWER --- B

Aq
STANT FLNISH

Figure 4

That's incorrect. Displacement is a vector quantity that shows how
far and in what direction something has moved from its original position.
The distance corresponding to the magnitude of the displacement is measured
along a straight line from the starting position to the finishing position.

Now look at the diagram. Point D, the finishing position, is truly
30.0 m from point A, the starting position. Hence, the magnitude of the
displacement is definitely 30.0 m. But giving the directions traveled in
each leg of the journey does not express the direction of the displacement
in accordance with the description in the first paragraph above. You have
the displacement magnitude right, but the directions mentioned indicate a
perimeter which might be 30.0 m on each of three sides.

Please return to page 5 and select another answer.



72
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There is no rule that describes this. Actually, if all the rules are
carefully followed, the direction of the final vector is shown automatically.
- It may be that the final vector, the line segment joining (2) to (3), has
the wrong direction, but this is not the result of misuse of a special
"direction" rule.

No, you missed the point. The rule we have violated is much more
definite than your choice of answer indicates. Think a bit more; you will
recognize the violated rule. '

SerLe
1Qm 7lMIl$

Figure 29

Please return to page 57 and select another answer.
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CORRECT.ANSWER: A vector line segment 20 cm long would represent 60 km
on the basis of a scale of 1 cm = 3 km.

Thus, to find the total magnitude of a vector you simply multiply
the scale numeral by the total length of the line segment.

For example, let's assume the scale to be I em = 14.3 meters.

Then a vector line segment 6 cm long would indicate a total vector magnitude
of: '

14.3 m/em x 6 cm = 85.8 m

Going back to our original question, we asked how many kilometers
are represented by each centimeter of a vector line segment 8 c¢m 1long if
the total vector magnitude is 96 km., To find the answer, we use a process
that is the reverse of the one we have just discussed. That is: '

96 kn

8 om = 77? kilometers for each centimeter of line

segment length.

Please return to page 102 and select the correct answer.
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YOUR ANSWER —=— A

A g

P2
>4

Figure 20 Figure 21

It shows the proper combination of the vectors in Figure 20 for the
purpose of obtaining the vector sum. ;

The principle which describes the correct meghod of shifting‘vectors
for the purpose of obtaining their sum states that either vector may be
moved parzllel to itself until the two are joined head-to-tail.

In your diagram choice, vector ?’has been moved parallel to itself
in conforggty wé;h the first part of this principle. But in the final
position A and B are joined tail-to~tail. This does not conform to the latser=
cortion gf tﬁ; principlé; hence the diagram does not give the right sum.
The sum A + B may have the right magnitude, but its direction is wrong.

Please return to pége 120 and select another of the diagrams., -
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YOUR ANSWER —-—— B

This answer might seem correct at first glance, but a bit of thought
will demonstrate its error. In Figure
6, we have the vector of our example.
Although it is quite true that this
vector maies an angle of 45° to the north-
NE south axis, such a description does not .
7 uniquely determine this particular
vecnor. o

AXAS

Refer now to Figure 7 below.
o "You will se at cnce that the direction
45 ) of this particular-vector also makes.
45° ' ..gs an angle of 45° to the north-south axis:
: Al hence this description fits two entirely
Figure 6 - different directions. This, of coursep
is also true of a line described from
the east-west axis, without further considerations. You should recall from
algebra that angle measurements always start in the first. quadrant along
PXFS the X-axis., Only the first qugdrant
' contains angles between 0° and Q0°.
Furthermore, all angles thereafter,

) regardless of the quadrant in which
5 they appear, are measured from the X-axis
AYIS in the first quadrant, in a counter-~
4 clockwise direction.

Please return to page 13 and
select another answer.

Figure 7

ERIC

Aruitoxt provided by Eic:
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YOUR ANSWER --— A

Not so. This answer does not agree with cur explanations thus far.
As long as. a palr of components are correctly added vectorially, and as
long as this addition yields the resultant in question, then these added
vectors may be considered to be components of the partiCular resultant
under discussion. .

We have already shown 4 different pairs of vectors that may be
considered components of a given resultant Ezn ‘Here are three more
" such combinations. )

| — g
B oy :
O‘, =
) (B) " (©)

Figure 43

In the face of these simple examples, it is impossible to say that
a gilven vector can be obtained from only one pair of possible components.

Please return to page 25 and select another answer.



YOUR ANSWER --- C

You've skipped an important characteristic of vectors. Although the
trip length is a scalar with no direction specified, the displacement is a
-vector. quantity and diréction must be described.

T

Figure Sk

You will note that the displacement
is given as 75.0 cm. This is the correct
magnitude for the displacement vector,,
but it does not describe it fully because
it omits a statement of the direction
of displacement.

The direction should be specified
from the peint of view of an observer
at the starting point, %poking toward' the
finishing point. If you were the observer
at A, in which direction would you have to

cast your glance to spot the ant after he has arrived at his destination,
point C? This is the direction of tlie displacement vector.

Please return to page 44 and select another answer.

\

\
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YOUR ANSWER --- A

You are correct. The resultant displacement is represented by -
KM which is 7.6 cm long Thus, 15 km/cm x 7.6 cm = 114 km.

) /i\\> It has probably occurred to you that the displacement resulting
from two trips at 90° to each other might be calculated by algebraic methods,
making a scale drawing entirely unnecessary. This is quite true, You will
recall one of the most fundamental theorems in geometry which says that
the square of the hypotenuge of a right triangle is equal to the sum of the
squares of the arms. This is the Pythagorean theorem, of course.

‘ Let's use the Pythagorean
N ' ' theorem to .check the last problem.

M Figure 13 is repeated here to remind! you
1 of the problem.
+
7écm  "_70 ; The hypotenuse of the right
“Ngm cm triangle KLM-is the line segment KM;
B o7 KM the arms are, respectively, KL and iiM.
SQ&LE ; ! Thus, from the Pythagorean theorem we
Aem= T km f have:
Ko &? + @’ = gon?
Y45.0 Ky . -
Figurs 3%

We substitute the known quantities:

45.00% + (105)% = ()2
2,025 + 11,025 = (KM)2 = 13,050
and we get: ' KM -q/:3 050 4

This checks nicely with the graphical solution. When done this way
the solution is said to be mathematical rather than graphical.

Before confinuing; ploase turn to page 142 in the blue appendix.
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'(topic 2)

(e)

(£)

. NOTEBOOK ENTRY

The displacement resulting from two trips at any angle to each
other may be found by adding the representative vectors in
graphical form. The vectors are connected tail-to-head; the

remaining side of the triangle is the vector sum. The vectors

must be drawn to scale.

Two vectors at right angles to each other may be added mathe-
matically by means of the Pyrhagorean theorem.

NOTEBOOK CHECK

Referring to Lesson 4, notebook entry item 2: Which of the four
rules describes how the magnitude of a vector may be specified?

(10)

A

B

Rule (d).
Rule {(c).
Rule (b).

Rule (a).

g

CEy
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YOUR ANSWER ——— A

Incorrect! Item 3(d) reads: The vector difference is then given by
the magnitude and direction of the line segment joining the head of
the tail of A,

/

IR—

1

Please return to page 17 and select another answer.

i
it
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YOUR ANSWER --- B

That's not right.

L &~ 32
N 1 ) A southerly displacement of 35
) T _ km is to be represented according to the
ol —E T T scale: 1 em = 5 km. Now look at 2.
T T The magnitude of the vector is obtained
S 4 4+ by counting the number of centimeters
J_ o in the line segment and applying the scale.
[ There are 7 cm in the line segment, and
SLALE ] each centimeter has a magnitude value of
e T—— - 5 km. Hence, the total displacement is
;Lc_m'—E;V\f" S km/em x 7 ¢m = 35 km. Thus, the magni-
' Figure 11 tude of the vector is correct.:
N\ .

However, the specified direction in the problem is south. The vector
~in 2 points toward the north. Thus, your error here was in choice of
direction rather than magnitude.

Please return to page 98 and select another answer.

et




CORRECT ANSWER: 1In a triangle whose legs are 12 cm and 16 cm, respectively,
the hypotenuse must have a value such that when divided by 4 (the quadrupling

factor), the answer will be 5.

Let's check your understanding once more., Suppose the legs of a
right triangle are 21 cm and 28 cm, respectively. To find out whether
they are in the ratio 3:4, divide the smaller number by 3 and the larger by
4 © v

If this pair of quotients is the same, then the sides are in the ratio
3:4, and the hypotenuse must be such that you will obtain 5 when you divide
it by the common multiplier for this group, namely, 7. Thus, if the legs
are 21 c¢m and 28 cm, then the hypotenuse must be 35 cm, which is obtained
by multiplying 5 from the ratio by 7, the common multiplier.

Please return to page 100 and work out the original problem.



O

ERIC

Aruitoxt provided by Eic:

@

I0UR ANSWER ~-- B

oy

- 18 dyawn £6
arla e e b . -
Lo tne szame scale; hence

of gcaled vestor lengths.

s
52

e of v is
ength of the

2z certain sczle, then its components will be drawn
31l% magnitude

information is available in the form

N .

L

-~
A/ Y

gy '
LB MR ZegTRL
Figure &4
Pleage return to page 133 and sslect another answer.
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YOUR ANSWER --—- B

You are correct. Our original vector is the velocity of the swimmer,
G;. We can find the velocity of the stream only by resolving V; into two
right angle components, one across the river and the other in the direction
"of the water movement. When this 1s set up, we see at once that a vector
BC will tell us the direction and magnitude of G;. '

% .
A
|
SN ‘
— |
Ve _RWER
’ =Lowd E I'
|
!
|
A
Figure 47

We'll assume then that you are making your drawing at this time.
You should have drawn AC so that it makes an angle of 68.0° with the south
bank and has a length scaled from ¥ = 2.8 km/hr (See Figure 47). At what
angle to AC will you now draw in the "straight-across' vector AB?

" Please turn to page 95 to check your answer.
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~ YOUR ANSWER --- A

You're not reading carefully. If the velocity of the swimmer is
given in km/hr, how can you come out with an answer in terms of mi/hr with-
out making a conversion from Metric to English? Besides, there is something
else wrong with this answer. Your diagram doesn't seem to be accurate.

Please return to page 95 and select ancther answer.

#
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YOUR ANSWER -—— A

Wrong. You certainly didn't get this answer by applying the scale!
We suspect you noticed that the resulting triangle has legs that are in the
ratio of 3:4, and that you mistook it for a 3:4:5 triangle. Having made
this mistake, you concluded that the longest leg of the triangle must be
5 mi, : - ;

Hrdae T

i

The 3:4:5 ratio applies only Eg_gigﬁt triangles. This one clearly
is not a right triangle; hence you cannot use the ratio.

Please return to bage 65 and select the correct answer.
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YOUR ANSWER ~-~ D

24

4 (2) ' 3 (4)
Figure 45
Incorrect. In (2), ?’ is horizontal but vy is not vertical. The

conditions of the problem call for a right angle etween V. and Vd‘

: c
The angle, as you can see, is less than 90°. This makes both v, and Vi

wrong components.

You might think that v is the right horizontal component merely
beuause it is a horizontal line segment. This is not true because, should
Vd be rotated until it makes a right angle with vc, the latter would
shrink in wmagnitude. '

- — ) -
Thus, (2) does not represent vr.resolved into its vertical and |
horizontal components.

Please return to page 117 and select another answer.
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YOUR ANSWER --- B

The operation could be shown this way since you have been directed
_to perform a subtraction. But, as we have pointed out, the actual technique
of vector subtraction requires changing one of the vector signs so that we
may perform an addition using the process we have developed so carefully.

At least for the present, you ought to write a vector subtraction

according to the rules, That is, change the sign of the subtrahend and then
add the vectors. -

Please return to page 135 and select another answer.
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YPUR ANSWER --— D
You are cerrect. Keep your notebook up-to-date at all times.

Velocity is & vector quantity. Vectors may be added by the graphicglw
process we have leavmed, and velccity iz no exception.:

We'il consider an example, this time using the proper terms.
An airplanc is flying due north at a speed of 200 km/hr. At the
same time, a steady wind blowing to the east with a velocity of 50 km/hr

acts upon the plamne., What is the resultant velocity of the plane?

The independent motion of the plane due to its engines is given as
. a true velocity since both magnitude and direction are clearly stated.

- The same is true of the wind velocity. The question asks for the resultant

or gum velocity which automatically informs you that you must give both the
resultant epeed and resultant direction of the plane.

The first step 1s the selection of a suitable scale, Which one of
-the following do you think represents the best choice using a regular
8% % 11 inch piece of paper?

(25)
A lem =2 km/hr
R lem=10 km/hr.
C 1 em = 50 km/hr |
= 5 km/hr ]

D S ecm
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This page has been inserted to maintain continulty of text. It is

not intended to convey lesson information,
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CORRECT ANSWER: 1In diagram {(4), vector E'represents the sum of A and B in
tha opervation A + B, ‘

3ince ﬁ‘has not been changed in sign (reversed in direction), then
the process shown in (4) is addition. The sum of two vectors is obtained
by connecting them head-to-tail as im diagram (4). The iine segment that
completes the newly formed triangle is the sum of the original vector
quantities. )

R

(4)

Figure 38

Please return to page 56 and select another answer.
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CORRECT ANSWER: The resultant velocity of the boat 1s 47.5 km/hr, 22°
S ot W.

Refer to Figure 40. The solution
should be quite clear from the diagram.
BIVEA  yhether or not you selected a scale
vEL simiiar to that in Figure 40 should make
rbéwqérpo difference whatever.

Borr VEIL. W
4.0 Km/hr \
Figure 40 In the diagram of Fizure 40, or
in any other diagram of velocities thac

are related in & similar fashion, the fwo original wvectors (in this case
the boat velocity and the river velocity) are calied the components or
component vectors. The word 'component' means 'part oi." In the example
above, the boat and river velocities are each part ot the resultant velocity;
that is, they are components of the resultant velocity. The resultant
velocity has been found by vector addition of the components.

At thigypoint, we are going to reverse our approach. First note

the velocity v, in Figure 4lA. Suppose you were told that this velocity
was the resultant of two component

velocities that had just been added

by the triangle method which we have

e been using all aiong. Suppose that
Yy - you were next shown the diagram of
v Vr Figure 41B in which v, is exactly the
/// -» same as in Figure 41A. Would you say
Vb that v, and vy are components of v.?
>
Vo (27) _
\
(A) (B) A T don't know.
Figure 41 B No.



CORRELT ANSWEKS: (a) The skier travelled 4.33 km horizontally. That is,
Sy, = 4.33 km.
{b) Tge height of the trop of the slope above ground level

is 2.50 km. That is, Sy 2.50 km.

So, you see, this problem is readily scived by the resolution-of-
. : - :
vecrors approach. The total trip s may be considered to have two components:
BN . =3 -
i1) the horizontal cemponent sy, and {2) the wvertical component §;.

Now we'd like you to try one on your own., Refer to Figure 47. A
river flows due east as shown. A swimmer starting from point A on the south
bark heads directly across the stream toward point B on the north bank.

The river current, however, forces him to land on the north bank at point

. An observer on the south bank notes the swimmer's actual direction along
AC and derermines the angle between AC and the south bank to be 68.0°. The
swimmer's speed is 2.8 km/hr. Using these data, find the velocity of the
water, ?aqc

3 ¢
l
{
_.Ell).‘?:@___). E l /65
FLOW |
|
! o
| 68
A
Figure 47
-
Which vector shows the direction and magnitude of vw?
(32)
——
A AB.
—_—
B BC.



YOUR ANSWER --- D

20.0em

8 5.00 cm C
A Wine VerLocird

{
TLANE S
ENGINES
cause THIS

Figure 39

ANGLE GVING- DIRECTION
OF RE SutLtanT; Algo
EQuacs X%-Bca

%

94

i Well, it shouldn't have been.
If your construction is correct and your
measurements accurate, you should come
out with an answer very close to one
of those given.

Check the features of Figure 39.
Note the lengths and directions of the two
component vectors, AB and BC. Check
their lengths on your drawing to be
certain they match the scale. Make
sure you construct angle CBA precisely
so that it is truly a right angle.
When you finally draw your resultant
vector AC, measure it carefully. If
the rest of your work is right, this
line should be very nearly 20.7 em in
length, Then measure the angle indicated
in Figure 39 to the nearest degree. Note
that you might also measure angle BCA
since this is equal to the exterior
angle CAD.

Now, please return to page 18
and select the right answer.



O

ERIC

Aruitoxt provided by Eic:

CORRECT aNSWER: The 2angle between AC and AB should be 22.0° (that is,
30.0° - 68.0° = 22.0°)

T

Complere your drawing. Which one of the following gives the right
answar to the problem, to 2 significant figures? (Note: due to a certain
amount of inaccuracy in scaling and measurement, slight errors are bound
to eccur, Therefore, your answer mav differ by a small amount from the
correct one.)

(33
A v, = 0,98 pi/hr to the east.
B vy = ! km/hr to the east.
C vy = 1.1 km/hr to the east,
D vy = 0.98 km/hr to the west.



96

This page has been inserted to maintain continuity of text. It is
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YOUR aANSWER —--— B

Nof true. Altitude has no bearing on this particular problem.
For example, imagine two planes in the alr, one of them 2,000 ft higher than
the other. Assume further that they are flying with constant speed in the
same direction. WNow, if the higher plane always remains directly above the
lower one, wouldn't you say that both planes had the same speed relative
to the ground?

The speed of an ailrplane with respect to the ground is determined
only by its horizontal displacement per unit time. This means that if it
travels horizontally a distance of 200 km during each hour of its flight
its ground speed is 200 km/hr regardless of its altitude.

Please return to page 128 and select another answer.
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YOUR ANSWER --- B

You are correct. For a total vector magnitude of 96 km, an 8 cm
iine segment showing this vector must have a scale value of 12 km per
centimeter, scaled as 1 cm = 12 km,

As a further check on your understanding suppose you are asked to
raw a line segment representing a displacement toward the south of 35 km

drawn ro the scale: 1 e¢m = 5 km.

1f each small division is 1 centimetet which of

Refer to Figure 11l.
the three drawings correctly represents

gb > ) the specified displacement?
A Foq (s)
v —E A 3 is correct.
S .S X
5 1 L 1 B 2 is correct.
SCALE i -+ 'S ¢ 1 is correct.
i e
lom = Erm i - X
Figure 11T T

g
=

i
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ERIC

Aruitoxt provided by Eic:
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YOUR ANSWER —-— A

What happened to the scale? You counted the number of centimeters
in the BC line segment without converting to meters by means of the scale.
When you describe the actual displacement, you can't talk in terms of the
scale vector itself. You must find the actual distance by using the scale.

Please return to page 32 and select anocther answer.



YOUR ANSWER --- A

Tou are correct. Lf you selecred this answer on the firsc try,
your notebook is well kept. Keep it up!

We'd ilike to point out some shortcuts you can take when vecrors
ar rzight angies happen to form special kinds of triangles after vecctor
addition. Refer to Figure i4.

In cne paiticular special triangle
the i1egs are 1n the ratio 3:4. The
hypotenuse, then, has an aquivalent

. vaiue of 5. This is the familiar 3:4:5
A toiangle.
/i
VAN As an example, suppose an airplane
4 travels 18 km due east from X to Y, then
4 24 km due north from Y to Z. Noting
S T thar 18 is to 24 as 3 1s to 4, you
éf 3 tecognize that you are dealing with a
. v 3:4:5 triangle, so that the total
/AK/ 4 displacement (XZ) of the airplane must
;g ¢uﬁ;f"9Lwﬁﬁig;[¥, be 30 km. That 1s, 3:4:5 = 18:24:30.
Figure 14

Suppose the legs of cthe right triangle were, respectively, 24 km
end 32 km. What wouid then be the magnitude of the displacement.

{1l

A The alsplacement would be 40 km.

B I don't understand how to determine the aisplacement.

ERIC

Aruitoxt provided by Eic:



YOUR ANSWER —--- A

This answer is false. Refer again to diagram (1) and note especially
the direction of the vectors with respect to eg;h other. Now refer to
diagram (2). You will observe that, although B was shifted to a new position,
EF was not reversed in direction but connected tail-to-tail with vector
X. 1If this diagram were supposed to show vector addition, how should the
vectors be connected? '

X

N

\E\s

(L) (2)

Figure 38

N

Please turn to page 4l to check ‘your answer.
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YOUR ANSWER === C

You are correct. As in algebra, angles are measured counter-
ciockwise from the X-axis in the lst quadrant, so that 0°~--90° appear
in the lst quadrant. It is consistent, therefore, to refer all angle measure-
ments to & horizontal axis, like the east-west axis in our example, always
measuring counterclockwise. Thus, the vector in Figure 6 may also be
described as making an angle of 45° to the X-axis. So, you see, vector
directions may be specified with reference to points of a compass or by
means of standard angle notation. Vector magnitudes may be indicated by
the simple device of labeling them with the appropriate figure, or they may
be indicared in the form of scaled drawings,

ARES
(1,. —
a NE N
|
: w—f—¢
\ S
! V) g
/“‘V) ¥ T d T R v R T }'q
AXTS SCALE  dem: Pkm
Figure 6 - ‘ Figure 8 °
\ «

Refer tc Figure 8. In this illustration, we'wanted .to represent a
96 km displacement to the east. We drew a line segment of 8 cm from west
to east as shown. Now, in order that anyone looking at this drawing can
determine how large displacement is, we must write in a scale, or propor-
tionality constant. '

How many kilometers does each centimeter of this line segment

represent?
(4)
A 8 km.
B 12 km,

C I don't know.

O

ERIC

Aruitoxt provided by Eic:
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YOUR ANSWER --- B

You are correct. The motion due east is shown as a vector 8 cm long.
Since each centimeter represents 15 meters, then the actual walk east is:

i5m/emx 8 em = 120 m Qf

QCALE
1ems m <
4 ~

.--1 ~N
E%ﬁﬁ~+~+~%+—H§a‘FfNISJ

q0°¢

Figure 12
Now we ask ''What is the displacement of the boy from his initial
position?" He went from A to C via the paths AB, then BC; but he might
have taken the path AC in the first place. Thus, his displacement is shown

by the length and direction of vector AC. Line segment AC has been
measured off in centimeters as you can see.

Using the same scale, what is the magnitude of his displacement from
his original position at the end of his walk?

(8)
A His total displacement is 120 m.
B His total displacement is 150 m.

C I can't figure this out.




CORRECT DRAWING:
N

b
w -——-—~-—~-L-——-——~'E Your drawing should appear the
M same as Figure 13. The first trip, 45.0
g '\ km toward the east, is represented as K
> /T on our drawing, a length of 3.0 cm accord-
T.bcr ing to the scale. The second trip,

SeALE - =Uxen/ 9 Oz 105 km toward the north, is represented
. - 15 K , as LM on our drawing, a length of 7.0
iem =15 Hm 105 Km e¢m. By vector addition:
3 —
/ 9 KL + I = ’M
K}f:ﬂ-—-{ i,
SVem 2450 Km . Hence the displacement of the car
Figure 13 is ﬁ

Now measure KM to the nearest millimeter (0.1 cm). If your
measurements have been precise, you will find that EW is 7.6 cm long,
Therefore, according to the scale, what is the displacement of the car
to the proper number of significant figures?

(9)

A The displacement of the car is 114 km along Eﬁi

B The displacement of the car is 110 km along Eﬁ:
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Aruitoxt provided by Eic:
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YOUR ANSWER --—- C

You are correct, That should have been easy for you.

To get the answer, you merely subrracted: X - B. Concerning the
magnitude of the difference, this turned out tc be 5 mi -~ 3 mi = 2 mi.
The fact that point (3) is south ¢f point (2} 1s seif-evident from the
diagram.

This sel{-2vidence, unfe:ztunately, is ofiten lacking in more complicatead
probiems, so.we need a formal protedure for tinding vector differences.
We tan get our clue from a simple algebraic fact that everycne knows.

isr't it true that 9 - 5 is exactly the same thing as 9 + (-5)7
That is, if we want the difference between twe numbers, we can vevzrse the
sign of the subtrahend (the number that is being subtracted) and then add
algebraical%y. ﬁ?he identical rule applies to_vectors. Thus, if we want the
differegpc A - B, we can reverse the sign of I and add algebraically like
this: A + (-B). Of course a vector whose sign is reversed, will have to
be turned so that it points in the opposite direction.

o

Please go on to page 106.
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Figure 27 Figufe z8

Figure 27 shows the original trips side by side to remind you that
we are dealing with a single road. 1In Figure 28, B has had its direction
reversed, and his been shifted paraliel to itself so that its tail is joined
to the head of A. Following the method of vector addition, (now that B
has been converted to ~B), the diagram is completed by drawing in the dotted
line segment from (3) to (1). We have made this dotted only to emphasize it.

IR _What is the magnitude and direction of the diirerence vector labeled
A+ {~B)?

Please tuxn to page 135 to check your answer.,



YOUR ANSWER —~- C

Not a good choice of scale. With this scale, the vector diagram
would consist of a 4-cm line segment (the plane's velocity) at right angles
to a l-cm line segment (the wind's velocity). This makes up a very small

iagram and tends to reduce accuracy. We would not call it wrong but we
certainly would not call this the best choice of scale.

Please return to page 8% and see if you can't find a better scale.



YOUR ANSWER ~-— C

What difference does it make? Vector quantities are handled in the
same way whether they represent velocities, displacements, or any other
quantities. This is the value of a general analysis such as the one we
are now engaged in. We develop general principles and techniques, and then
apply them to specific problems.

///////7f

- -~

e
J’b //'
ﬂ/v
P
TB0% L HRizowTAL

- Figure 44

For a general approach, you don't need to know what particular

. >
velocity v, represents.

r

Please return to page 133 and select another answer.
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Not true. 1In the actual situation, AB merely represents the "heading"
of thesvimmer. The river current prevents him from actually taking this
path. Furthermore, vector AB certainly is not the direction and magnitude

of the water velocity, 3.
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Figure 47

Please return to page 93 and select another answer.




YOUR ANSWER --- B

Incorrect. You were asked to calculate (or measure) 3; to 2
gignificant figures. Your answer does not contain 2 significant figures.
You can get closer than this.

Please return to page 95 and select another answer.
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YOUR ANSWER --- B

Somehow, you set up the ratioc improperly. Here's the right way to
dc it.

20 48
g = 4 and 17 = 4

Therefore:

=3
12

ol h
2] [

The legs are in the ratio 5:12. So the ratio of all sides of the
triangle must be 5:12:13 for this special case. To determine the hypot-
enuse, now, we need simply multiply 13, the last term of the ratio by 4,
the common multiplier. This does not come out 56, does it?

Please return to page 14 and select another answer.




Jos
J—t
o

This page has been inserted to maintain continuity of text. It is
not intendeu to convey lesson information.

o

ERIC

Aruitex: provided by Eric



YOUR ANSWER --- B

Your answer is incorrect.

Figure 24 Figure 25

Although it is quite true that both vectors have been moved, this
does not make the finished diagram incorrect. It's true that in discussing
the parallel-movement principles, we spoke of moving only one of the vectors,
but this was intended as a matter of convenience rather than as a requirement.
In other words, most vector problems can be handled easily by shifting just
one of the vectors. But, if necessary, both vectors may be moved without
violating any rules, provided that the shift is accomplished without
changing the direction or magnitude of either line segment.

Please return to page l5 and select another answer.



This page has been inserted to maintain continuity of text. It is
not intended to convey lesson information.

o

ERIC

Aruitex: provided by Eric



i
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@5~
1

17

.
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B: 3mb
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Figure 27

We have brought the original vector's closer to each other in Figure
27. Perhaps this will make it easier for you to see that the magnitude of
the difference between the position of point (3) relative to point (2)
is not 3 miles. :

You were right in one respect: relative to point (2), point (3)
is south of the more distant position.

Please return to page 126, Check back on the magnitude of the
difference and choose a better answer.
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YOUR ANSWER —--~ A

. You are correct. The velocity
vy has an infinite number” of possible
. pairs of components, hence you must
> be informed which particular pair is.

ﬁ{‘ desired.
/ﬁj: Let's specify the desired pair.
2P0 HREONTAL We'll reword the question: 'Resolve

?} inte its vertical and horizontal

components.' Have you enough information
Figure 44 now? Yes, indeed, you have!

A horizontal line 1is perpendicular to a vertical line. This means
that the twe components must be at right angles to each other. Also the
words horizon32l and vertical have very speclal significance. A horizontal
line is parallel to the bottom of your paper and a vertical line is parallel
to either side of your paper. Now, only one of the diagrams below shows
F; correctly resolved into vertical and horizontal components. Which
one is 1t? :

S f A AA -
v o ey - 7 ~ A o~
h v n m} o 42 ﬁ
o s — 5 /
Vo v, A 7
(1) (2) (3 (4)
Figure 45

(31)
A (3) is correct.
B (4) is correct.
C (1) is correct.

D (2) is correct.




YOUR ANSWER --- B

You are correct. The displacement vector measures 13 cm. Applying
the scale, we may write: '

13 ecm x 0.5 mi/em = 6.5 mi

Cur work up to this point has been the addition of vectors representing
individual trips to determine the resulcing displacement. We chose this
topic to start our study of vectors because it doesn't require too much
imagination to see why we drew the two vectors head-to-tail. The second
trip naterally begins where the first leaves off.

Unfortunately, this situation does not always hold true. Vectors
are employed in many, many phases of physics where the head-to-tail
orientation is difficult to visualize. We can make our understanding of
vectors more general and, therefore, more useful by considering how to
handle vector addition when the vectors represent quantities other than
displacements.

Please gc on to page 119,
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in Figure i8 we have drawn two vectors, X and ﬁ. We will not be
concerned with the quantities they represent and, in fact, we will assume
that we don't know what they stand fcor. We want to obtain their sum.
How do we go about it?

The sum of any two wvectors
may be found, regardless of where
~ they start; by moving either one of the
~ ! _ .
. vectors paraliel to itself until its
tail can be joined to the head of the
\\\\\\\4 oruer vector. This movement is shown in
éL Figure 19. Vector B has been moved to
\\Ma \\\\\\ the right, and slightly downward,
RY - paralliel to irs original position, so
) that its rail joins the head of A. The
sum of the two vectors is then the third

leg oif the triangle and 1s identified
Figure 18 as A+ B.

—

A8
\\j\g

Figure 19

Please go on to page 120,
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In accordance with the principle just outlined, Inspect the vectors
in Figure 20; then choose the one diagram
& — below that you consider to be a correct
Ei application of the principle.

(14)

)

Figure 20

e /4

. A - This diagram 1s correct.

Figure 21

B - This diagram is correct.

igure 22

C - This dlagram is correct.

Figure £3
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No, that's incorrect. The direction "northeast" is defined as 45°
east of north. Note that the vector has been drawn exactly 45° to the
east of the due north direction;
AXIS hence its direction may be defined as
precisely northeast. As you will discover,
fN NE whenever possible our measurements and
descriptions of physical objects or
events are made precise rather than
approximate. There is no reason why
450 an exact statement of direction cannot
,«;%50 be made in chis case. To gilve it
e approximately would be to ignore the
AXIS facts presented.

Figure 6

Please return to page 13 and select another answer.



YOUR ANSWER --- B

You are correct. ?has been
reversed and has been shifted to the top
of A so that the two vectors are joined
head-to-tail.

Figure 33 is a kind of composite
diagram which shows that the first
"short cut" soclution we used and the correct
procedural sciution yield identical answers.
The original A is now identified as line
segment ba. You will recall rthat line
segment ac was the ''shorr-cut' answer to

Figure 33 the difference problem. Here we joined
the vectors tail-to-tail. The answer

obtained by rigidly adhering to the ryles is line segment db. If ac and db
have the same magnitude and direction, then either method will give the
right answer. You notice that we are not interested in the point of
application as shown, only in direction and magnitude.

Which of the following theorems may be used here to prove that ac
and db have equal magnitude and direction?

(20)

A bacb is similar to Aadb. Similar triangles have proportional
sides.

B The opposite sides of any polygon are equal and parallel to
each other; hence ac and db are equal in magnitude and have the
same direction,

C Polygon adbc is a parallelogram since ad was made equal and
parallel to ¢b by construction.
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YOUR ANSWER --- C

54

5.00am e

A

Winp

PLARE'S

FNGINES
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VEcocity

SCALE
dems= 10 “‘;:—E

Figure 39

ANGLE G WVING DirECTion
OF RESULTANT 3 ALSD
EQUpLs 4 BCA

- -0 _

You are absolutely correct.
The resultant turns out to be 20.7 cm
long which, in terms of the scale, is
207 km/hr. Angle CAD (or BCA) is 76°.

Try another velocity problem
on your own. (Draw a picture of the
situation on scrap paper to help you
visualize it.)

Two points, A and B, are located
direcrly opposite each other on the
banks of a river. The river, which flows
from north to south, has a velocity of
17.5 km.hr. If a boat heads due west
(from B to A}, what will be its resultant
velocity if its engine can move it
forward at a speed of 44.0 km/hr?

State the resultant speed to 3

-significant filgures and the direction

in terms of the angle between the re-
sultant vector and an east-west line
to the nearest degree.

To check your answer, please
turn to page 92.



YOUR ANSWER --- D

This is probably a careless mistake. We are not saying that the
numerical part of your answer 1s right, but we must say that your directions
are mixed up. Could BC possibly be directed toward the west? Your diagram
doesn't seem to be accurate. Better sharpen your pencil.

Please return to page 95 and select another answer.



YOUR ANSWER -~~~ C

Figure 24 Figure 25

You are correct. Fine! The rules have all been carefully observed:
{1) the vector shift has taken place parallel to the initial positions;
{2) there has been no alterations of magnitude; (3) the final vectors
are joined head-to-tail as they should be.

Now we know how to find vector sums. We know that when two vectors
are added by the method of vector addition using directed line segments,
completion of the triangle provides us with the magnitude and direction

of the vector sum.

Is there some corresponding method for finding vector difference?
If there is, we had better finad out beforehand why we should ever want to
subtract one vector from another.

Many physical processes and phenomena involve vector differences,
but we shall ask you to be satisfied with only one example at this time,
since you are not sufficiently far advanced to comprehend most of the
others.

Please go on to page 126.
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Z

@(@D Let's see what story is told by
the vector diagram in Figure 26. On
March | a car is driven from point (1}
te point (2), a distance of 5 miles as
represented by A. On March 2, the same
A(:) car 1s driven from the same point (1)
to a different point along the same
straight rcad; this other point is
identified as (3) in the diagram and is
only 3 miles from point (1), as shown by
B. Now, remember that we are speaking of
the same road and that ‘we have displaced
Marc 1 MugcH 2, the vectors sideways only to keep the
Figure 26 diagram clear.

Using nothing but common sense, you should now be able to answer
this question: What is the magnitude of the difference between the position
of point-(3) relative to point (2), and in what direction does point (3)
lie relative to point (2)?

(16)

A Point (3) is 2 mi north of point (2).

B Point (3) is 3 mi north of point (2).

C Point (3) is 2 mi south of point (2).

D Point (3) is 3 mi south of point (2).




YOUR ANSWER --- B
@
A You are correct. The rule states
ST that for either addition or subtraction,
4 vectors must be connected head-to-tail
7 -5 T *
7 4 s In our drawing, A and B are connected
7 A tail-to~tail.
<;5é%\§ T Well, then, as obvious as the
answer may be, we cannot justify
;5\5 1T viclaring a rule to obtain 1t. Of
© iﬁ\i course, as you shall see, exactly the
Lﬁ) same answer can be obtained using
standard procedure as given in note~
Figure 29 bock entry (3).

Item (3) tglls us to change the _sign of the subtvahend by reversing
the direction of B, and then to shift B until ir is joined head-to-tail
with A.

Which one of the following diagrams shows this rule properly

executed?
ék\ \»\
[N ; =
\QE? 8

2
+ ' i 1
AN \\

B>

+3 > p-. | > T
A AT A
4 <+
- -t
>
8
Figure 30 Figure 31 Figure 32

(19)
A Figure 30.
B Figure 31.

C Figure 32.




YOUR ANSWER —-- C

You are correct. Very good. Diagram (2) illustrates the short-cut
method of subtracting vectors. Diagram (3) shows the same result obtained
by the standard method.

If displacements were the only vector quantities with which the
physicist must deal, this lesson would end here, now that you have learned
how to add and subtract displacements. But you must now learn how to
apply the same techniques to other vector gquantities.

Before continuing, please turn to page 143 in the blue appendix.

Suppose an airplane has a speed of 200 kilometers per hour (km per
hr or km/hr) in the air. Imagine at the same time that the air 1s moving with
a wind speed of 50 km/hr. How fast, then, is the airplane moving relative
to the ground?. Obviously, the engines of the airplane move it at a definite
velocity with respect to the ground. But so does the wind. These two
velocities are independent of one another but both affect the final velocity
of the airplane.

Tne mcment you try to answer the question above, you run into trouble.
Exactly what is the trouble?

(223
A We must know the wind direction to solve the problem.

B We must know the altitude of the plane in order to determine its
velocity relative to the ground.

C Since the earth turns under the airplane, we would have to take
this motion into account.




From the tip of 8, a perpen-
dicular line segment was constructed on
the ground level line. (This may be done
elther with a protractor or a compass.)
Now, you must draw the dlagram to scale
as we have 1t thus far. Clearly, 5; will
3¢ 5 then give the height of the top of the
slope from the ground and Sh will give
the length of the horizontal component
Figure 46 of the trip.

"y
$

A

Now, using your scale, determine the answers toc the two questions:
(a) How far did he travel horizontally?
(b) How high is the top of the slope above ground level?

Determine both answers to 3 significant figures and write them down.

Please turn to page 93 to check your answer.
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YOUR ANSWER --- B

Incorrect{4 Item 3(c) reads: Thus, to subtract g'fromlx, reverse
the direction of B and join it to A in the usual head-to-tail manner.

Please return to page 17. Let's hope your next try is better!




YOUR ANSWER —--— B

3
Not at all! Look at diagram Figure 43.

=z
(A) (B)

Figure 43

©)

Here aredfhree additional pairs of possible components for the
sare resultant v_.. These are just as good as any of the other palrs
previously illustrated.

Why should the number of possible pairs of components for a given
resultant be limited to four, or ten, or 1,0007

Please return to page 25 and select another answer.
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YOUR ANSWER -~- C

Let's try a different approach. Suppose we start out by saying that
we are going to draw an eastward
vector representing a certain number of
kilometers. Suppose we choose a scale
like this: 1l em = 3 km. Next, we
fcmn. draw a l-cm line like the one-in Figure
— 9. At this point you would have no
- trouble finding that the total magnitude
Sﬂﬂﬂd@ ‘ch'_gy<ﬂﬂ of this vector is 3 km, since’ .t is |
cm long and each centimeter represents
Figure 9 3 km.

Right. Now refer to Figure 10, How many kilometers are represented
by this vector 2 cm in length? Remember, each centimeter represents 3 km.

¢ m. > Please turn to page 42 to
check your answer.

CCALE Lom=3d¥m

Figure 10




YOUR ANSWER --- C

You are perfectly correct. You saw four possible pairs of components
in Figure 42. Here are three other possible pairs.

™

1
(ﬁ) (B) (©)
5 Figure 43

Thus, you can see that the number of pairs of possible components
has absolutely no limit.

When a given vector is broken down into a specific pair of components,
we say that we have resolved the original vector into components. The
process itself is called resolution of vectors.

Since any vector quantity may be resolved into an infinite number
of possible pairs of components, if you are asked to perform a resolution
on a given velocity, say, you will have to be supplied with additional

information. Assume, for example,
that you have been asked to resolve
the velocity V. in Figure 44 into its
two component velocities. Recognizing
that ‘the information you have been
o given is inadequate, which one of the
”4://;29 _ HIizoNmae following questions would you ask?

(30)

A Which components specifically
.k are wanted?
igure 44
‘ B What is the magnitude of ;}?

C 1Is ?} the velocity of a boat
or stream?




YOUR ANSWER --- B
v b s s o, = n =
Y n m& n@ ba
LS / >
di e e )
(1) (2) (3) (4)

Figure 45
Incorrect. In (4), V. 1is horizontal but 3% is not_yertical, The
conditions of the problem ca%l for a right angle between vgaand GL. The
angle, as you can see, is more than 90°. This makes both V, and vh

-8
incorrect components.

You might think that V_, is the correct horizontal component merely
because it 1s a horizontal line segment. This is not true because,
should Gh be rotated until it makes a right angle with V,, then either the
resultant or Vé would have to change in length.

—

Thus, (4) does not represent v, resolved into its vertical and
horizontal components.

Please return to page 117 and select another answer.
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CORRECT aNSWER: The magnitude of the difference vector 1s 2 mi. Its
dixg;tion is sourh of point {Z} Irf we had joined the head of -B to the taill
of A, the pcint of application of the ditterence vector would be more obvious.

Let us review this soiution. A car travels 5 mi north along a road
from a certain point. Later, it goes conly 3 ml north along the same road
from rthe same starting point. What 1s the difference in the car's position
after the second trip relative to 1ts finishing position after the first
trip? That answer is, or course, that after the second trip the car is 2
mi scuth of the previous finishing point.

The noiebook entry below summarizes the procedure for finaing the
diiference between -Lwo vectors. Although we used the simplest possible case,
that 1s, twe vectors that lie along the same iine, the procedure is equally
applicable to wvectors at any angle, &8s you wiil see.

NOTEBOOK ENTRY

3. Vector Subtraccion

{a) The difference between two veztors, expressed as 2 - § is best
obtained bx changing the_sign ot the subtrahend and writing:
-B =4+ (-B)

(b) When the sign of a vecto: is changed from + to -, the direction
of the vector must be reversed.

— —p ) —- .
(¢} Thus, Lo subtract B from A, reverse the direction of B and join
1t to A in the usual head~to-tail manner.

(d) The vector difference 1s then given by the magnitude and direction
of the line segment joining the head of B to the tail of A.

7 . . v . . o - - -
1f U is to be subtracted from V, in which of the iollowing forms
should our vector notation be written?

{i7)

A T-V
B V-0
c V+ (<)
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7.7
S

()

Figure 41

e - -
If v_ is to be the resultant of v_ and Vi then rhe two components
must be added in the proper manner to ob%ain the sum vector. Let's see
whether or not this addition has been performed correctly.

In order to add a pair of vectors, all you have to do is to join
them head-to-tail without allowing their initial directions or magnitudes
to change. The velocity v_ is one vector; the velocity vy, is the secgnd
vector; the head of v, is ?oined to the tail of vy. Then the vector v,
is used to compiete the triangle, an arrogpead being added to it to shog_the
finq£ direction of this velocity. Thus, v, is truly the vector sum of v,
and vp.

According to our definitions of components and resultants, the re-

gpltant is obtagped trom the vector sum of the components. Since Ve
Va + vy , then vy is definitely the resultant of the two components v, and
v

bn

Please return to page 92 and select the right answer.

s
P
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YOUR ANSWER --- D
This choice has two strikes against it.

First; never start your scale with anything but 1 cm. When you
start wiih some peculiar choice like 5 e¢m = something-or-octher, you
immediately begin to complicate your final arithmetic. Again, this isn't
wiong, but it is very inconvenient. Glance at the scale of miles on any
gocd mep. Ycu will find that the scale always starts with 1 inch = xxxxx
OY i Ll REEAKR.

Secend, 1t you reduce this scale to ! cm = » km/hr, which is the same
rhing, youi drawing would consist of a 50-cm iline segment (the wind's
veioTity)! st vight angles toe & 200-cm lime segment (the plane's velocity).
A line segment 200 cm long 1s 2 meters long, or over 2 yards: You'd
need quite a monstrous sheet of paper for this jcob.

Care must be exercised in the choice of a scale to be certain that
the final drawing will be neither too small nor too large.

Piease return t¢ page 89 and select another answer.
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YOUR ANSWER --~ D

Not a good guess. Rule 2(a} reads: The displacement resulting from
two trips in the same direction along a straight line is the algebraic sum
of the two trip lengths. Arbitrary signs are given to each trip. (+4) in
both cases since they are in the same direction.

Please return to page 79 and select another answer.
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Figure 33

This 18 incorrect. The triangles do happen to be similar and the sides
proportional, but we are not interested in proportionaiities here. We
have ro show that corresponding sides are equal and parallel. So this
theorem is not suitable.

You might show thatd abc is congruent to Aadb. This is, as a matter
¢f fact, quite easy to do. However, this was not one of the choices you
were gilven.

Piease return to page 122 and select another answer.
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LALSON & - Tape Segsment 1

WORKSHEET

fully to tape seament 1 for this lesson before

F.enase ..sTen Lar
P arLI AR TRLS WO

ol

Ylwr answer se.elticns for the aqrestions that appear beiow are to
5o pun.hed wun o tne spec.ai AV Computer Card for thls lesscn,

~e Wnen a s.a.ar quantity is mu.tipiled by a vector quantity, the
CLoGal ™ 18 arways a vec.or quaniitye. which one of the foilowlng
prrdasts L8 a vertor quantity?

A T.me X temperature,

R ma<3 X time,

C Mas3 X VE.oLLiTVe

] mHZ3 X temperature,

X aLre o1otne abave 13 a vecisr cuantity.

AR o kncw tne disp.acement of a &iven body traveiing
~otlr oA ZLveY. speed. trien Yyou MUST aiSO KNow

A the magnitude of the body's speed,

B the magnitude of the body's velocity.
c the time ailowed for the trip.

D ztre distance between the two points,
E the time and direction >f the motion.

o We. grnt may pe def:ned as tne pu.l cf gravity on a material body
rnea:” wne surface of the earihn. tne pui. being directed toward
nz zenter ¢f the earthe On tne basis of the discussion in
tape segment i anrd this definit_.on. which one of the following
statements .8 the true one?

Weight is a vector quantff&.

Weight 1s a scalar quantity.

‘Weight may be considered either as a vector or a scalar

guantity depending on tne circumstances,

I 1s not possible to determine wnether weight is a vec~

“.r Oor a scaiar quant.ty with the information given

above,

E Weight is neither a scaier nor a vector; it is a spec-
.al kind of gquantity to be discussed later,

o aowkr

(Please return to page 5 of the STUDY GUIDE
to continue with the lesson,)




AMP LESSON b 1u2 Tape Segment 2

WORKSHEET

T et e B ety et T

P.ease .isten carefully tc tape seament 2 for this lesson before
starting this Werksheet,

Li}j 2\5:»0@78 s
- = 3570

A

QUESTIONS

# o, At what angie to the x-axis would the man have had to walk on
his second trip in crder that the total displacement after
both trips be 5 meters at 30° to the x-axis?

~

'SOUO

b

o Q w >
AV
W
O
L)

=
}_
O
W\
O
Qo

5e Suppose, on the second trip, the man had walked a distance of
7 meters ai an angle of 30° to the x-axis, His net displacement
at the end wouwld then be
- _ o)
A 17 mat 307,
B 3 mat 3¢°,
C 17 mat 135°,
D 3 mat 135%
E none of these is correct,

(Please continue to the next nage).




SIROT L inla Tape Segment 2
WCRESHELT (continued)

cale of 1 cm = 1 meter, show three trips in sequence
rcm the origin according to the foiiowing data:

TRIP 1: & m at 233°
TRIP 2: 8 m at 90°
TRIP 3: 4 m at 307"

Wr.on the diagram is complete, determine bty graphical methods
Tne magr.itude and ancle of the resultant or net displacement,
'ren se_est the valuss which are closest to yours from the

LT bellws
A 2 mat 370.
E 1 mat 37°
C 1 mat 45°,
D . omat 127°
5 2 mat 1i27%

(Please return to page 79 of the
STUDY GUIDE to continue with
the lessocn).



TOLESTI =3 (unaccompanied bty tape)
WORKSHEFT
= T Te meyment Tor this werkaheet, FProceed directly to the
< ew w2 W toL,r s4ditional practice and clarification of the mater-
sented 1y, the STUDY GUIDE.

cLt.uns for Werksheets that are not accompanied by
: alse punchea cut on the same AV Computer Card as those
eets :

- £
WorTiisneesg,

: vaore . ine due novth from the town of Baines alone a straight

. .rwWae, redories the town of Fow.er after covering a distance of

.l wm _=2 ''nme next day., another car starting from exactly the same
. _a Ha.re: surneys 3¢ deesrees north of east a distance of 5.0
m _.-e v arr.ve at the town of fastle,

t

A tLw tmm Lo Fow.er from Castlie?
“of Li.e
~e7 miiese.
6_‘:.0 milese
6.6 miles«
6.G m.iese

'-l
-

Mo aQw >

r wnatl direst.on wouid a car ieaving from Castle have to travel
irov.oder to arrive at Fowler?

6% west of northe

4 north of west,

85Y north of west.,

35° west of north,

m o Qo>

The d.reztion cannot be dtermined; insufficlient data.

{P.Lease return to page 128 of the STUDY GUIDE
to continue with the lesson).

O

ERIC

Aruitoxt provided by Eic:
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WORKSHEED v
N
P:ease ..sten Lc tabe sesment &
wefcre frartings this Worksheet.
A.. answers are to be bunched
cus on the AV Zomtuter Carde.

In Diagram ia', the anele A 18
A L2157,
B a\:lALe ° o
C known to be less than 1007, |
D Knowr, - be greater tnan (357,
) nTnoyet dstermined.
Ir Diagvram i€ls po.nt D
A must De sShowrn . -m 1oLm o Ltnée DANK,
B need nct :ie on sine AB,
C need not be directiy north of
point A.
D must ~ie nn 1ine AB,
E s spec.fied by the x-y coordin-
ates giver. in the prob.em.
In the ¢ina. s-.ut.on. the boat must nhead
A Jypstreanm at ,205
B upstream at .35 8
o downstream at 30
D downstream at bO °
E upstream at 30°,

The resu.tant

ve.ocity of the boat

at point D .s

HmoOw»>

6 km hr, northwesta.
S5e2 Km.nr, northwest,
5,0 Km/nr. northweste.
502 Km/hr, nortne

6 km nr. northe.

{P.ease return to page 27
of the STUDY GUIDE to
continue witn the iesson).



HOMEWORK. PROBLEMS
LESSON &

Lo A 60 mi/hr wind is blowing duve north. What is the
nagnitude and direction of the velocity of an
airplane traveling at an zir speed of 150 mi/hr
when it is heading (a) norths (b} south; (c) east?

2. A boat whose speed with respect to the water is 6

mi/hr is sailing downstredm at a 60-degree with the
current whose speed is 3 mi/hr. What is the result-
ant speed and direction of the boat? (Two signifi-

cant digits for both answers, please).

3o A bulliet is fired due east from a gun mounted in an
airplane traveling due ncrtheast, If the speed of
the bullietv is 300 n/sec and the speed of the . airplane
is 150 mssec, what i1s the resgultant velocity of the
buliet? {Speed and direction, both to 2 significant
digitse

4, An alrplane heading 45 degrees south of east at an
a2ir speed of 120 m/sec is being blown eastward
by 230 m/sec wind. What 1s the planefs. resultant.
ground speed? {(Taree significant digits.)

‘5¢ An airpiane flies 2 000 m nofthg then 1 500 m due
northeast, and finally 3 C00 m due south. Determine

{(al graphically the distance between the air-
piane®s starting and ending positions.

{b} the resultant direction in which fhé ajire
" plane was displaceds

5, A boat is heading directly across.a river at 10 mi/hr.
. The current is 6 mi/hrarﬁ;the river-ig 1.0 mi across,

() How ifong will it take the boat to cross the
river? ' -

(b) How much Ffurther downstream will the boat
be arriving at the opposite bank?

(¢} What is the resultant veloclty of the boat?
(Speed and direction to 3 significant digits)

NOTE: Ail problems are to be solved on standard 8-1/2 x
11 inch notebook paper and numbered to correspond to the
above designations., - The soiutions must be submitted to

your instructor before you may request the Post Test for
this lessone. Be sure to enter your name, section, date,
and identification number on the submitted work. . -




